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Introduction

  Assume there is a light, invisible, new particle “a”
with flavour-violating couplings to leptons

CLFV modes would then be

Interesting interplay with cosmo/astro:

Light: Invisible:
• Neutral 
• Feebly coupled (long-lived)

ma < mμ , mτ

μ → e a, τ → μ a, μ → e γ a, etc .

• DM candidate? (if long-lived enough) 
• Bounds from star cooling/supernovae (if light and feeble enough)
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Lepton-flavour-violating ALPs

    

• Lepton Number                Majoron 

• Peccei-Quinn                     Axion   

• Flavour symmetry            Familon

PNGB:Global symmetry:

…

Why should a be light and feebly-coupled? 

Examples:

That’s natural, if it is the (pseudo) Nambu-Goldstone boson (PNGB)  
of a broken global U(1), aka an axion-like particle (ALP)

Equivalent possibility: light Z′ of a local U(1), e.g. Li-Lj (with g ≪1) 
Heeck ‘16

Wilczek ‘82

Pilaftsis ‘93

Feng et al. ‘97

LC Goertz Redigolo 
Ziegler Zupan ‘16

Di Luzio et al. ‘17, ’19 

…
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Lepton-flavour-violating ALPs

Lorenzo Calibbi (Nankai)LFV into ALPs

La!! =
∂µa

2fa

(
CV

ij "iγµ"j + CA
ij "iγµγ5"j

)
<latexit sha1_base64="+IolpgmdWYoOPH+Lgq5kmoxRFSI="></latexit>

General couplings to leptons:

Where does lepton flavour violation come from?

• If lepton U(1) charges are flavour non-universal              
      naturally flavour-violating couplings 

• Alternatively, loop-induced flavour-violating couplings

Explicit examples at the end…
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Shift symmetry (PNGB!) → ma from (small) explicit U(1) breaking

U(1)-breaking scale → coupling suppression



LFV decays into ALPs: model-independent approach
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La!! =
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2fa

(
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)
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Fij ≡
2fa√

|CV
ij |2 + |CA

ij |2
<latexit sha1_base64="UgJGgFEiKJwhr5AYNxEv5pPyXII="></latexit>

Γ(!i → !j a) =
1

16π

m3
!i

F 2
ij

(
1− m2

a

m2
!i

)2

<latexit sha1_base64="DnXvEscDeIybi8iGp/syNEWX9+Y="></latexit>

Goal: constrain the effective LFV scales Fij using experimental data

This generic Lagrangian induces 2-body LFV decays such as: 

• Which experiments? 
• What are the future prospects?

Feng et al. ‘97
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Figure 1. Summary of the present bounds and future projections for an ALP with generic couplings
to leptons, i.e., we set CV

!!′ = CA
!!′ = 1 for all the couplings in Eq. (2.1). For the isotropic case we

set CV
µe = 0 and CA

µe = 1 (the opposite choice leads to the same results). In the V± A case we set
CV

µe = ±CA
µe = 1. The gray shaded regions are excluded by the astrophysical bounds from star

cooling due to CA
ee and by SN1987A due to CA

ee and CA
µµ, see Sec. 6.1. We present these bounds for

the isotropic case. The blue shaded region corresponds to a prompt/displaced ALP. The green
solid line is the exclusion due to the bound on µ+ → e+a by Jodidio et al., assuming an isotropic
ALP [9]. The green dotted (dashed) line is our recast of this bound for the V − A (V + A)
case. The sensitivity in the V − A case is worse since then the signal is suppressed in the forward
direction as much as the background. The blue solid (dotted, dashed) lines are the bounds
from the TWIST experiment on isotropic (V −A, V +A) ALP [10]. The dark orange thin solid
line is the MEGII-fwd projection for an isotropic ALP with no magnetic focusing while for the
orange thin solid line we assumed that focusing increases the luminosity in the forward direction
by a factor of 100, cf. Sec. 3.2 for details. The dark red thin solid line is the Mu3e projection
from [42], for the isotropic ALP. The sensitivity for the other chiral structures is expected to be
similar since there is no background suppression in this setup. The purple solid line is the bound
from the τ → µa search by the ARGUS collaboration [43], and does not dependent on the chirality
of the ALP couplings. The purple thin line is the projected reach at Belle-II, see Sec. 5 for details.
The bound on µ+ → e+aγ from Crystal Box is subdominant, see Sec. 4, and is not displayed.

When kinematically allowed, the couplings in Eq. (2.1) give rise to LFV decays with the

(invisible) ALP in the final state.3 The corresponding total decay width is given by

Γ(#i → #j a) =
1

16π

m3
!i

F 2
!i!j

(
1− m2

a

m2
!i

)2

, (2.3)

3We note in passing, that while we do not study the phenomenology of the LFV neutrino decays,

νi → νja, the typical decay time for this process is shorter than the age of the Universe for the ALP decay

constants under consideration. This has interesting phenomenological consequences on neutrino cosmology
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Summary plot
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)
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Decays mediated by dim-5 operators: much larger NP scales can be reached 
than µ → eγ, µ → 3e, µ → e conv. (from dim-6 ops, NP scale reach ∼107−108GeV) 

µ → ea

<latexit sha1_base64="6+WEf9PlPSFEpDfVmocdR+cZ9OU=">AAAB8XicbVDLSgMxFL1TX7W+qi7dBIvgqsxIQQUXBTcuK9gHdoaSSe+0oZnMkGSEUvoXblwo4ta/ceffmLaz0NYDgcM595J7TpgKro3rfjuFtfWNza3idmlnd2//oHx41NJJphg2WSIS1QmpRsElNg03AjupQhqHAtvh6Hbmt59QaZ7IBzNOMYjpQPKIM2qs9OjHmW8SQpD2yhW36s5BVomXkwrkaPTKX34/YVmM0jBBte56bmqCCVWGM4HTkp9pTCkb0QF2LZU0Rh1M5hdPyZlV+iRKlH3SkLn6e2NCY63HcWgnY2qGetmbif953cxEV8GEyzQzKNnioygTxIacxSd9rpAZMbaEMsXtrYQNqaLM2JJKtgRvOfIqaV1UvVr1+r5Wqd/kdRThBE7hHDy4hDrcQQOawEDCM7zCm6OdF+fd+ViMFpx85xj+wPn8AeKhkGc=</latexit>

τ → "a

<latexit sha1_base64="99wNbw5MjLL+l2L4ybttgGhjZuQ=">AAAB+HicbVDLSsNAFL2pr1ofjbp0M1gEVyURQQUXBTcuK9gHNKFMppN26GQS5iHU0C9x40IRt36KO//GaZuFth64cDjnXu69J8o4U9rzvp3S2vrG5lZ5u7Kzu7dfdQ8O2yo1ktAWSXkquxFWlDNBW5ppTruZpDiJOO1E49uZ33mkUrFUPOhJRsMEDwWLGcHaSn23GmhsUKBTFFDOEe67Na/uzYFWiV+QGhRo9t2vYJASk1ChCcdK9Xwv02GOpWaE02klMIpmmIzxkPYsFTihKsznh0/RqVUGKE6lLaHRXP09keNEqUkS2c4E65Fa9mbif17P6PgqzJnIjKaCLBbFhiP75ywFNGCSEs0nlmAimb0VkRGWmGibVcWG4C+/vEra53X/on59f1Fr3BRxlOEYTuAMfLiEBtxBE1pAwMAzvMKb8+S8OO/Ox6K15BQzR/AHzucPyWCShg==</latexit>

star cooling
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LFV experiments



" → e a: signal and background
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Figure 1: Cartoon summarizing the relevant kinematical variables describing the decay

of a polarized µ+ in the Standard Model in the convention of this paper. [DR: try to get

circles good!]

a monocromatic positron line with momentum

pe =

√(
m2

µ −m2
a +m2

e

2mµ

)2

−m2
e (3.1)

The angular distribution of the positrons for the signal will depend on the initial muon

polarization and the chiral structure of the ALP interactions. In particular we will discuss

3 cases leading to a qualitative different phenomenology: i) the isotropic ALP has either

CV
µe = 0 or CA

µe = 0 and the angular distribution of the positrons in the final state is always

isotropic independently on the muon polarization. ii) the left/right-handed ALP couples

only to the left/right-handed SM fermions and as a consequence CV
µe = −CA

µe for the left-

handed and CV
µe = +CV

µe for the right-handed. In this case the angular distribution is

proportional to ∼ (1∓P cos θ) in the left/right-handed case as can be seen from Eq. (2.4).

For µ+ → e+ + invisible the SM background comes from the three-body muon decay

through an off-shell W+ which produces the so-called Michel spectrum

d2Γ(µ+ → e+ νe ν̄µ)

dxe d cos θ
% Γµ ((3− 2xe)− Pµ(2xe − 1) cos θ)x2e , (3.2)

where xe = 2Ee/mµ is defined such that 0 ≤ xe ≤ 1, and again θ is the angle between muon

polarization vector and the positron momentum in the muon rest frame. The total width

of the muon is Γµ % m5
µG

2
F

192π3 = 3× 10−10 eV. In writing Eq. (3.2), we assumed that the new

physics scale is sufficiently high to suppress any significant modification of the muon three

body decay properties. This is certainly the case for the physics targets we have in mind

here. We refer to [34, 35] for excellent reviews of the SM muon properties.

For Pµ = 0 the SM background in Eq. (3.2) is peaked at Eline
e = mµ/2 which corre-

sponds to xe = 1. However, the muon flux in low energy muon beamlines such as those at

TRIUMF or PSI is dominated by the muons produced by the pion at rest at the surface of

the production target. The muons produced from a pion decaying at rest in π+ → µ+ + ν

are 100% polarized in the direction opposite to the muon momentum (i.e Pµ = −1 in the

– 6 –

µ+

<latexit sha1_base64="JmbRi5YdDYRRdMaZYOmSPsZMn94=">AAACBXicbVBNSwMxEM36WetX1aOXYBEEpexKQY9FLx4ruG2hXUs2O21Dk+ySZIWy9OzRq/4Ib+LV3+Fv8E+YtnuwrQ8GHu/NMDMvTDjTxnW/nZXVtfWNzcJWcXtnd2+/dHDY0HGqKPg05rFqhUQDZxJ8wwyHVqKAiJBDMxzeTvzmEyjNYvlgRgkEgvQl6zFKjJX8jkgfz7ulsltxp8DLxMtJGeWod0s/nSimqQBpKCdatz03MUFGlGGUw7jYSTUkhA5JH9qWSiJAB9n02DE+tUqEe7GyJQ2eqn8nMiK0HonQdgpiBnrRm4j/ee3U9K6DjMkkNSDpbFEv5djEePI5jpgCavjIEkIVs7diOiCKUGPzmdsShuJC28cGEI2LNh1vMYtl0riseNVK9b5art3kORXQMTpBZ8hDV6iG7lAd+Ygihl7QK3pznp1358P5nLWuOPnMEZqD8/ULN8mYyA==</latexit>

Pµ+ = −1

<latexit sha1_base64="zfJb8SM22FYkQuSR6ev1IH4zmj0=">AAACDHicdVDLSgMxFM3UV62vqks3wSIIasnUkdaFUHTjsoJ9QKeWTJq2ocnMkGSEMswvuHSrH+FO3PoPfoM/YdqOYEUPXDiccy/33uOFnCmN0IeVWVhcWl7JrubW1jc2t/LbOw0VRJLQOgl4IFseVpQzn9Y105y2Qkmx8DhteqOrid+8p1KxwL/V45B2BB74rM8I1kZya93YFdHdUXJxYnfzBVQ8R6XTCoKoiKaYkDOnjBxop0oBpKh1859uLyCRoL4mHCvVtlGoOzGWmhFOk5wbKRpiMsID2jbUx4KqTjy9OYEHRunBfiBN+RpO1Z8TMRZKjYVnOgXWQ/Xbm4h/ee1I9yudmPlhpKlPZov6EYc6gJMAYI9JSjQfG4KJZOZWSIZYYqJNTHNbPE8cK/PYkPaSnEnnOwL4P2mUirZTdG6cQvUyzSkL9sA+OAQ2KIMquAY1UAcEhOARPIFn68F6sV6tt1lrxkpndsEcrPcvNYmbeg==</latexit>

e+

<latexit sha1_base64="4keFEo9NgaJG3BEvjT5tg22tUgc=">AAACA3icbVDLSgNBEJyNrxhfUY9eBoMgKGFXAnoMevEY0TwgWcPsbG8yZGZ2mZkVwpKjR6/6Ed7Eqx/iN/gTTh4Hk1jQUFR1090VJJxp47rfTm5ldW19I79Z2Nre2d0r7h80dJwqCnUa81i1AqKBMwl1wwyHVqKAiIBDMxjcjP3mEyjNYvlghgn4gvQkixglxkr38HjWLZbcsjsBXibejJTQDLVu8acTxjQVIA3lROu25ybGz4gyjHIYFTqphoTQAelB21JJBGg/m5w6widWCXEUK1vS4In6dyIjQuuhCGynIKavF72x+J/XTk105WdMJqkBSaeLopRjE+Px3zhkCqjhQ0sIVczeimmfKEKNTWduSxCIc20f60M4Kth0vMUslknjouxVypW7Sql6Pcspj47QMTpFHrpEVXSLaqiOKOqhF/SK3pxn5935cD6nrTlnNnOI5uB8/QKMu5fb</latexit>

νe

<latexit sha1_base64="DSP+fcvvl/FOJM4UIIwX0icAkAM=">AAACBXicbVBNS8NAEN34WetX1aOXxSJ4kJJIQY9FLx4rmLbQhrLZTNqlu5uwuxFK6NmjV/0R3sSrv8Pf4J9w2+ZgWx8MPN6bYWZemHKmjet+O2vrG5tb26Wd8u7e/sFh5ei4pZNMUfBpwhPVCYkGziT4hhkOnVQBESGHdji6m/rtJ1CaJfLRjFMIBBlIFjNKjJX8nsz60K9U3Zo7A14lXkGqqECzX/npRQnNBEhDOdG667mpCXKiDKMcJuVepiEldEQG0LVUEgE6yGfHTvC5VSIcJ8qWNHim/p3IidB6LELbKYgZ6mVvKv7ndTMT3wQ5k2lmQNL5ojjj2CR4+jmOmAJq+NgSQhWzt2I6JIpQY/NZ2BKG4lLbx4YQTco2HW85i1XSuqp59Vr9oV5t3BY5ldApOkMXyEPXqIHuURP5iCKGXtArenOenXfnw/mct645xcwJWoDz9QuYmZkE</latexit>

ν̄µ

<latexit sha1_base64="7jFH4SPnCbN3hOK9CPFGbT7hWx0=">AAACDXicbVDLSsNAFJ3UV62vqks3wSK4kJJIQZdFNy4r2Ac0ocxMJu3QmUmch1BCvsGlW/0Id+LWb/Ab/AmnbRa29cCFwzn3cu89KGVUac/7dkpr6xubW+Xtys7u3v5B9fCooxIjMWnjhCWyh6AijArS1lQz0kslgRwx0kXj26nffSJS0UQ86ElKQg6HgsYUQ22lMEBQZoEw+SDgZlCteXVvBneV+AWpgQKtQfUniBJsOBEaM6hU3/dSHWZQaooZySuBUSSFeAyHpG+pgJyoMJsdnbtnVoncOJG2hHZn6t+JDHKlJhzZTg71SC17U/E/r290fB1mVKRGE4Hni2LDXJ240wTciEqCNZtYArGk9lYXj6CEWNucFrYgxC+UfWxEorxi0/GXs1glncu636g37hu15k2RUxmcgFNwDnxwBZrgDrRAG2DwCF7AK3hznp1358P5nLeWnGLmGCzA+foFUjqctg==</latexit>

θ

<latexit sha1_base64="iByMnJSKgJiR3V++4C9SEH/kYY0=">AAACBnicdVDLSgNBEJyNrxhfUY9eBoPgQcJuXJJ4C3rxGME8IAlhdtJJxsw+mOkVQsjdo1f9CG/i1d/wG/wJZ5MIRrSgoajqprvLi6TQaNsfVmpldW19I72Z2dre2d3L7h/UdRgrDjUeylA1PaZBigBqKFBCM1LAfE9CwxtdJX7jHpQWYXCL4wg6PhsEoi84QyPV2zgEZN1szs5flIsFt0jtvG2XnIKTkELJPXepY5QEObJAtZv9bPdCHvsQIJdM65ZjR9iZMIWCS5hm2rGGiPERG0DL0ID5oDuT2bVTemKUHu2HylSAdKb+nJgwX+ux75lOn+FQ//YS8S+vFWO/3JmIIIoRAj5f1I8lxZAmr9OeUMBRjg1hXAlzK+VDphhHE9DSFs/zz7R5bAi9acak8x0B/Z/UC3nHzbs3bq5yucgpTY7IMTklDimRCrkmVVIjnNyRR/JEnq0H68V6td7mrSlrMXNIlmC9fwHZUJm/</latexit>

θe

<latexit sha1_base64="d+HlLrsUM/U3W+6Pa+A3j5S6nws=">AAACCHicbVDLSsNAFJ34rPVVdekmWAQXUhIp6LLoxmUF+4A2lMnkphk6mYSZG6GE/oBLt/oR7sStf+E3+BNO2yxs64ELh3Pu5d57/FRwjY7zba2tb2xubZd2yrt7+weHlaPjtk4yxaDFEpGork81CC6hhRwFdFMFNPYFdPzR3dTvPIHSPJGPOE7Bi+lQ8pAzikbq9jECpAMYVKpOzZnBXiVuQaqkQHNQ+ekHCctikMgE1brnOil6OVXImYBJuZ9pSCkb0SH0DJU0Bu3ls3sn9rlRAjtMlCmJ9kz9O5HTWOtx7JvOmGKkl72p+J/XyzC88XIu0wxBsvmiMBM2Jvb0eTvgChiKsSGUKW5utVlEFWVoIlrY4vvxpTaPRRBMyiYddzmLVdK+qrn1Wv2hXm3cFjmVyCk5IxfEJdekQe5Jk7QII4K8kFfyZj1b79aH9TlvXbOKmROyAOvrF/5lmlU=</latexit>

xe =
2pe
mµ

<latexit sha1_base64="xinJ+G3h81MI4qEM0YyTOkwtzeM=">AAACGHicbZDLSsNAFIYn9VbrLSq4cRMsggspSSnoRii6cVnBXqApYTI9aYfOJGFmIpaYF3HpVh/Cnbh15zP4Ek7bLGzrDwM//zmHc+bzY0alsu1vo7Cyura+UdwsbW3v7O6Z+wctGSWCQJNELBIdH0tgNISmoopBJxaAuc+g7Y9uJvX2AwhJo/BejWPocTwIaUAJVjryzKNHD67cQGCSVmMPspR7Lk8yzyzbFXsqa9k4uSmjXA3P/HH7EUk4hIowLGXXsWPVS7FQlDDISm4iIcZkhAfQ1TbEHGQvnd6fWac66VtBJPQLlTVN/06kmEs55r7u5FgN5WJtEv5X6yYquOylNIwTBSGZLQoSZqnImsCw+lQAUWysDSaC6lstMsQahtLI5rb4Pj+X+mND6GclTcdZZLFsWtWKU6vU7mrl+nXOqYiO0Qk6Qw66QHV0ixqoiQh6Qi/oFb0Zz8a78WF8zloLRj5ziOZkfP0C21qgrQ==</latexit>

Figure 1: Cartoon summarizing the relevant kinematical variables describing the decay

of a polarized µ+ in the Standard Model in the convention of this paper. [DR: try to get

circles good!]

a monocromatic positron line with momentum

pe =

√(
m2

µ −m2
a +m2

e

2mµ

)2

−m2
e (3.1)

The angular distribution of the positrons for the signal will depend on the initial muon

polarization and the chiral structure of the ALP interactions. In particular we will discuss

3 cases leading to a qualitative different phenomenology: i) the isotropic ALP has either

CV
µe = 0 or CA

µe = 0 and the angular distribution of the positrons in the final state is always

isotropic independently on the muon polarization. ii) the left/right-handed ALP couples

only to the left/right-handed SM fermions and as a consequence CV
µe = −CA

µe for the left-

handed and CV
µe = +CV

µe for the right-handed. In this case the angular distribution is

proportional to ∼ (1∓P cos θ) in the left/right-handed case as can be seen from Eq. (2.4).

For µ+ → e+ + invisible the SM background comes from the three-body muon decay

through an off-shell W+ which produces the so-called Michel spectrum

d2Γ(µ+ → e+ νe ν̄µ)

dxe d cos θ
% Γµ ((3− 2xe)− Pµ(2xe − 1) cos θ)x2e , (3.2)

where xe = 2Ee/mµ is defined such that 0 ≤ xe ≤ 1, and again θ is the angle between muon

polarization vector and the positron momentum in the muon rest frame. The total width

of the muon is Γµ % m5
µG

2
F

192π3 = 3× 10−10 eV. In writing Eq. (3.2), we assumed that the new

physics scale is sufficiently high to suppress any significant modification of the muon three

body decay properties. This is certainly the case for the physics targets we have in mind

here. We refer to [34, 35] for excellent reviews of the SM muon properties.

For Pµ = 0 the SM background in Eq. (3.2) is peaked at Eline
e = mµ/2 which corre-

sponds to xe = 1. However, the muon flux in low energy muon beamlines such as those at

TRIUMF or PSI is dominated by the muons produced by the pion at rest at the surface of

the production target. The muons produced from a pion decaying at rest in π+ → µ+ + ν

are 100% polarized in the direction opposite to the muon momentum (i.e Pµ = −1 in the
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from star cooling and SN1987a, comparing these with the reach of LFV decays. In Sec. 7

go through models where LFV violation arises naturally: in Sec. 7.1 we discuss the LFV

DFSZ axion, in Sec. 7.2 the LFV familon/axiflavon and in Sec. 7.3 the Majoron. In Sec. 8

we conclude highlighting the future studies we would like to perform to assess the reach of

our MEGII-forward.

2 Setting up the Notation

In this article we update and discuss future prospects to the most general couplings of a

(pseudo-) Nambu-Goldstone boson (PNGB) couplings to SM leptons. The Lagrangian is

given by

Leff =
∑

i

∂µa

2fa
"̄iC

A
!iγ5"i +

∑

i !=j

∂µa

2fa
f̄iγ

µ(CV
!i!j + CA

!i!jγ5)"j , (2.1)

where CA
!i
is a vector and CV,A

!i!j
are hermitian matrices in flavor space3 and a is the PNGB,

with mass ma ! mτ . In the spirit of e.g. Ref. [5], we will not assume any relations between

the couplings in Eq. (2.1), and discuss the experimental bounds and prospects separately.

For these 6+3 couplings we introduce the short-hand notation

F V,A
!i!j

=
2fa

CV,A
!i!j

, F!i!j =
2fa√

|CV
!i!j

|2 + |CA
!i!j

|2
. (2.2)

When kinematically allowed, the couplings in Eq. (2.1) give rise to LFV decays with the

(invisible) PNGB in the final state. The corresponding total decay width is given by (for

simplicity in the limit where the mass of the final state lepton is neglected, m!j = 0)

Γ("i → "j a) =
1

16π

m3
!i

F 2
!i!j

(
1− m2

a

m2
!i

)2

, (2.3)

while the differential decay rate reads (in the same limit)

dΓ("i → "j a)

d cos θ
=

m3
!i

32πF 2
!i!j

(
1− m2

a

m2
!i

)2 [
1 + 2P!i cos θ

CV
!i!j

CA
!i!j

(CV
!i!j

)2 + (CA
!i!j

)2

]
, (2.4)

where P!i = η̂ · ẑ is the polarization η̂ of the decaying leptons with respect to the direction

of the beam axis ẑ, and θ is the angle between the polarization vector of the muon and the

momentum of the final state lepton.

The total width of the ALP can be computed as a function of his mass summing up

the different contributions

Γtot(ma) # Γ(a → γγ) +
∑

j=1,2

Γ(a → "i"j) , (2.5)

3Note that we are setting to zero the diagonal vector couplings. These can be absorbed by fermion field

redefinitions that are anomalous only under SU(2), and thus affect only the PNGB couplings to electroweak

gauge bosons.
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Signal: monochromatic positron with

Differential decay rate:

Michel spectrum:
xe =

2pe
mµ
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the forward direction
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the bkd goes to zero 

in the “forward”direction 

(the direction opposite 

to the muon polarization)
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Figure 1: Cartoon summarizing the relevant kinematical variables describing the decay

of a polarized µ+ in the Standard Model in the convention of this paper. [DR: try to get

circles good!]

a monocromatic positron line with momentum

pe =

√(
m2

µ −m2
a +m2

e

2mµ

)2

−m2
e (3.1)

The angular distribution of the positrons for the signal will depend on the initial muon

polarization and the chiral structure of the ALP interactions. In particular we will discuss

3 cases leading to a qualitative different phenomenology: i) the isotropic ALP has either

CV
µe = 0 or CA

µe = 0 and the angular distribution of the positrons in the final state is always

isotropic independently on the muon polarization. ii) the left/right-handed ALP couples

only to the left/right-handed SM fermions and as a consequence CV
µe = −CA

µe for the left-

handed and CV
µe = +CV

µe for the right-handed. In this case the angular distribution is

proportional to ∼ (1∓P cos θ) in the left/right-handed case as can be seen from Eq. (2.4).

For µ+ → e+ + invisible the SM background comes from the three-body muon decay

through an off-shell W+ which produces the so-called Michel spectrum

d2Γ(µ+ → e+ νe ν̄µ)

dxe d cos θ
% Γµ ((3− 2xe)− Pµ(2xe − 1) cos θ)x2e , (3.2)

where xe = 2Ee/mµ is defined such that 0 ≤ xe ≤ 1, and again θ is the angle between muon

polarization vector and the positron momentum in the muon rest frame. The total width

of the muon is Γµ % m5
µG

2
F

192π3 = 3× 10−10 eV. In writing Eq. (3.2), we assumed that the new

physics scale is sufficiently high to suppress any significant modification of the muon three

body decay properties. This is certainly the case for the physics targets we have in mind

here. We refer to [34, 35] for excellent reviews of the SM muon properties.

For Pµ = 0 the SM background in Eq. (3.2) is peaked at Eline
e = mµ/2 which corre-

sponds to xe = 1. However, the muon flux in low energy muon beamlines such as those at

TRIUMF or PSI is dominated by the muons produced by the pion at rest at the surface of

the production target. The muons produced from a pion decaying at rest in π+ → µ+ + ν

are 100% polarized in the direction opposite to the muon momentum (i.e Pµ = −1 in the

– 6 –

ma (MeV)
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signal depends on the chirality of the couplings

" polarization
And “surface” muons are highly polarized (produced by pion decays at rest on the 

surface of the production target) → the SM background can be suppressed
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SEARCH FOR RIGHT-HANDED CURRENTS IN MUON DECAY 

TABLE I. Values of the muon-decay parameters p, 77, g, and 6 in the V - A model and in the mani- 
festly left-right-symmetric (LRS) model with massless neutrinos. Their world-average experimental 
values (Ref. 21) prior to our experiment are also listed. The values in the LRS model are given to the 
lowest order in the mass-squared ratio E and mixing angle f for the gauge bosons W I  and W2. 

Decay V - A  Value in 
parameter value the LRS model Experimental value 

- 

'P, is the muon longitudinal polarization from a+ decay at rest. 

P, in the y+  rest frame is T-8. The world-average to - 1, 0, and + 1. The spectrum for unpolarized muons 
values2' of the muon-decay parameters p, r ] ,  (, and 6 mea- corresponds to the cosO=O curve, whose sharp edge at 
sured prior to our experiment are given in Table I. Also x = 1 played an important role in the spectrometer 
given there are their values in the L-R-symmetric model, momentum calibration. For cos@= 1, angular-momentum 
to lowest order in E and [. The V  - A values correspond conservation forces the V - A rate to vanish. The V  + A 
to e=C=O. 

The first-order electromagnetic corrections to the 
muon-decay spectrum are of order a ln(mP2/me2) (several 
76). They can be computed accurately with the four- 
fermion contact interaction ~ a m i l t o n i a n , ~ ~  since the 
heavy intermediate vector bosons contribute negligible ad- 
ditional terms23 of order a(m, /m )2. The first-order 
corrections have been computed for the general Fermi in- 
t e r a ~ t i o n , ~ ~  and this general expression was used in Monte 
Carlo simulations to verify the accuracy of the analysis 
method. For the analysis itself only the V  - A corrections 

spectrum at cose is equivalent to the V-A spectrum at 
( -cosf?). The region of greatest experimental sensitivity 
to an admixture of right-handed currents is therefore near 
x = 1 and c o d =  1, where the V - A  rate vanishes while 
the V+A rate is maximum. The experiment was 
designed to measure the positron spectrum for x > 0.85 
and cos0 > 0.95. 

The data analysis was based on a simple property of the 
muon-decay spectrum: if the weak interaction is predom- 
inantly V  - A, with a small admixture of V + A, scalar, 
tensor, or pseudoscalar currents, then the positron spec- 

were needed. trum near the end point, for cose = 1, can be expressed as 
The radiatively corrected muon-decay spectrum for a a sum of the P, cos6= 1 V -A spectrum, which vanishes 

pure V  - A  interaction is shown in Fig. 2 for cose equal linearly at x = 1, and the P, cosB=O V  - A  spectrum, 
which is flat near x = 1 with a step to zero at the end 

2.0 1 point. The relative size of the step at the end point is 
1 -{P, c o d  6 /p .  Measurement of the rate as a function 

I effects of cos0 allows us to extract (P,S/p. 
We introduce 

0 1.6 
0 1 w P = l - Q  u 3 P ,  ' case. - 1  
L 1.4C - 
w 6=1-'6 
a I 3 9 

with p=8 = 0 for a pure V - A  interaction, and the decay 
spectra: S(x,P, cose) is the spectrum for an arbitrary 
weak coupling (i.e., arbitrary values of {,p,6); SVPA (x, 1 ) 
is the V - A  spectrum at P,cose=l, S V - A ( ~ , O )  is the 
V  - A spectrum at P, cose=O. The latter two spectra are 
normalized to S(x,P,, cose). Ignoring the 7 term in (2.11, 
which is negligible near the end point, and ignoring radia- 
tive corrections, we can write 
S(x,P@ C O S ~ ) = ~ ( ~ ) S V - A ( X ,  1 ) + r ( 6 ) S y - A ( ~ , 0 )  (2.2) 
where 

q ( 9)  = CP, C O S ~  - +Z[P, C O S ~  + +p , (2.3) 
Reduced pos~tron energy x 

and r ( 9 )  is the relative rate at the end point: 
FIG. 2. The V - A radiatively corrected muon-decay spec- r ( e ) = (  1 -(P, C O S ~ ) + ~ { P ,  case-p. (2.4) 

trum plotted for c o d =  + 1, 0, and - 1, where T -  B is the angle 
between the positron direction and the muon spin. The effects TO lowest order in p, 3, and ( 1 - P, C O S ~ ) ,  r ( 6 )  and q ( 9 )  
of radiative corrections are also indicated. take the simpler forms 

Search for RH currents with 1.8×107 polarized "+• Jodidio et al. (TRIUMF) 1986

Lorenzo Calibbi (Nankai)LFV into ALPs

Past searches: " → e a

A. JODIDIO et al. 

(2.5) 

and 

When radiative corrections are included, the exact rela- 
tion (2.2) becomes only an approximation, as does (2.5). 
For the fitting procedure to be described in Sec. VA, and 
for a spectrum given by a combination of only V + A and 
V - A effective couplings, the radiative corrections were 
found to have only a negligible effect on r (8 ) .  When this 
experiment is used for setting limits on the presence of 
other effective weak couplings, one expects that, when all 
couplings are taken into account, the radiative corrections 
likewise do not introduce a significant additional sys- 
tematic error. Calculations to check this expectation must 
be made specifically for the particular combination of 
couplings being investigated, and so are not included here. 

The highly polarized muons in our experiment were 
supplied by a "surface" muon beam,25 derived from pions 
decaying at rest near the surface of the production target. 
Right-handed currents would reduce the muon polariza- 
tion in pion decay to P,, = 1 -2(e+f12 (assuming mani- 
fest left-right symmetry). Including this effect, our final 
result is given to lowest order in E and f by 

Since we' are unable to correct for all possible sources of 
muon depolarization, our result should be interpreted as a 
lower limit on { P W 6 / p .  

111. EXPERIMENTAL METHOD 

A. Overview 

The experiment was performed in the M13 beamline of 
the TRIUMF cyclotron. Surface muons were transported 
in vacuum to a stopping target in the muon polarimeter, 
shown in Fig. 3. High-purity metal foils (Ag, Al, Au, Cu) 
and liquid He were selected as stopping targets, since in 
these materials muonium (,u+ -e - atom) formation, lead- 
ing to muon depolarization, is strongly suppressed. 

The target region was immersed either in a strong long- 
itudinal "spin-holding" field (0.3 or 1.1 T) aligned oppo- 
site to the nominal beam direction, or a vertical (70 or 110 
G )  spin-precessing field. The longitudinal field quenched 
the muon depolarization in muonium via the Paschen- 
Back effect. The data collected with the longitudinal field 
were used to measure the rate at the spectrum end point, 
and data with the spin-precessing field were used in the 
momentum calibration of the spectrometer. 

The angular acceptance for positrons was significantly 
increased by the downstream portion of the solenoid, 
which served as a solenoidal field lens, focusing the posi- 
trons into the dipole magnet spectrometer. The septum 
between the target and solenoid bore made the focal 
length of the solenoid lens nearly independent of the 
choice of target field orientation. 

A horizontally focusing spectrometer was chosen in or- 

M U O N  P O L A R I M E T E R  
B e r k e l e y -  N o r t h w e s t e r n - T R I U M F  
- Horiz 
---- Vert anode wires 

I _ - _ _ - _ _ _ _ 

FIG. 3. Plan view of muon polarimeter. PI-P3 are propor- 
tional chambers; S 1 -S3 are scintillators; D 1-D4 are drift 
chambers. The veto scintillators V1 and V2 surrounding S1 and 
S2, respectively, are not shown. Muons entering the solenoid are 
stopped in the target. Decay e + emitted near the beam direc- 
tion are focused by the solenoid into the spectrometer. 

der to achieve a high momentum resolution. The win- 
dows of the vacuum box between the magnet poles were 
positioned close to the focal planes to minimize the effects 
of Coulomb scattering on momentum resolution. 

Particle trajectories in the target region (see Fig. 3 inset) 
were measured by the proportional chambers P1 and P2 
for muons, and by the proportional chamber P3 and drift 
chambers D l  and D2 for positrons. Near the spectrorne- 
ter magnet, drift chambers D3 and D4 measured positron 
tracks. Scintillation counters S1, S2, and S3 provided 
trigger signals. 

The data were accumulated in three running periods 
over 3 years at TRIUMF. The experimental conditions 
were essentially the same for all three runs, except for 
minor differences mentioned below and in Appendix A. 
The longitudinal field in the stopping target region was 
1.1 T for runs 1 and 2, and 0.3 and 1.1 T for run 3. A to- 
tal of 1.8X 10' (1.4X 10') triggers were collected in the 
spin-holding (spin-precessing) mode on 130 (170) comput- 
er tapes [I600 BPI (bytes per inch)]. Under optimal con- 
ditions these data could have been accumulated in -20 d 
of continuous running. In each of the periods data were 
also collected in many special runs, to be described in Sec. 
IV, which were used to calibrate the spectrometer. 

Very good e+ momentum resolution 
(~70 KeV at the e.p.)

(Of course the scalar potential and the EWSB can get quite involved here, and

dangerous phenomena such as Higgs to Majoron decays can occur, see e.g. [9]).

Match to Eq.(1.1) - RZ

3 Bounds from Particle Decays

When kinematically allowed, the couplings in Eq. (1.1) give rise to LFV decays with the

(invisible) PGB in the final state. The corresponding decay width is given by

Γ(!i → !ja) =
1

16π

m3
!i

F 2
!i!j

(
1−

m2
j

m2
i

)3

, (3.1)

and the differential decay rate for a polarized muon is given by (in the limit where me =

ma = 0 for simplicity)

dΓ

d cos θ
=

m3
µ

32πF 2
µe

[
1 + 2P cos θ

CV
µeC

A
µe

(CV
µe)

2 + (CA
µe)

2

]
, (3.2)

where P is the polarization fraction of the muons, and θ is the angle between the polariza-

tion vector and the electron momentum.

3.1 Muon decays: FA,V
µe

The current best bound on the FV decay of the muon mediated by the familon come from

the TRIUMF experiment [10] where 1.8 · 107 muons were collected:

BR(µ → ea) ≈ Γ(µ → ea)

Γ(µ → e ν ν̄)
! 2.6 · 10−6 ⇒ f " 6 · 109 GeV . (3.3)

⇒ f " 2.8 · 107 GeV (3.4)

At first sight this bound assumes only vector couplings of the familon and cannot be directly

applied to our scenario where the couplings are instead purely axial. The challenge of this

experiment is to look for the presence of a positron with energy Eline
e = mµ/2. Detecting

such a line at the end of the background distribution of µ → e ν ν̄ is challenging because

the positron spectrum from the background is also peaked at Eline
e :

d2Γ

dx d cos θ
= Γµ ((3− 2x)− P (2x− 1) cos θ)x2 (3.5)

where x = 2Ee/mµ and the total width of the muon is Γµ = 3 · 10−9 eV. See [13] for a

nice review of the SM muon properties. It is clear that for 〈P 〉 = 0 the SM background

is peaked at Eline
e = mµ/2 exactly like the signal. In order to get rid of the background

the TRIUMF experiment [10] used a polarized muon beam and look for positrons in the

direction opposite to the muon polarization. For such a configuration the background from

(3.5) goes to zero for Eline
e = mµ/2. The distribution of the signal for a polarized beam
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nice review of the SM muon properties. It is clear that for 〈P 〉 = 0 the SM background

is peaked at Eline
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µ → eν̄ν
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TABLE I. Values of the muon-decay parameters p, 77, g, and 6 in the V - A model and in the mani- 
festly left-right-symmetric (LRS) model with massless neutrinos. Their world-average experimental 
values (Ref. 21) prior to our experiment are also listed. The values in the LRS model are given to the 
lowest order in the mass-squared ratio E and mixing angle f for the gauge bosons W I  and W2. 

Decay V - A  Value in 
parameter value the LRS model Experimental value 

- 
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heavy intermediate vector bosons contribute negligible ad- 
ditional terms23 of order a(m, /m )2. The first-order 
corrections have been computed for the general Fermi in- 
t e r a ~ t i o n , ~ ~  and this general expression was used in Monte 
Carlo simulations to verify the accuracy of the analysis 
method. For the analysis itself only the V  - A corrections 

spectrum at cose is equivalent to the V-A spectrum at 
( -cosf?). The region of greatest experimental sensitivity 
to an admixture of right-handed currents is therefore near 
x = 1 and c o d =  1, where the V - A  rate vanishes while 
the V+A rate is maximum. The experiment was 
designed to measure the positron spectrum for x > 0.85 
and cos0 > 0.95. 

The data analysis was based on a simple property of the 
muon-decay spectrum: if the weak interaction is predom- 
inantly V  - A, with a small admixture of V + A, scalar, 
tensor, or pseudoscalar currents, then the positron spec- 

were needed. trum near the end point, for cose = 1, can be expressed as 
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pure V  - A  interaction is shown in Fig. 2 for cose equal linearly at x = 1, and the P, cosB=O V  - A  spectrum, 
which is flat near x = 1 with a step to zero at the end 

2.0 1 point. The relative size of the step at the end point is 
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spectra: S(x,P, cose) is the spectrum for an arbitrary 
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FIG. 2. The V - A radiatively corrected muon-decay spec- r ( e ) = (  1 -(P, C O S ~ ) + ~ { P ,  case-p. (2.4) 
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of radiative corrections are also indicated. take the simpler forms 
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(Of course the scalar potential and the EWSB can get quite involved here, and

dangerous phenomena such as Higgs to Majoron decays can occur, see e.g. [9]).

Match to Eq.(1.1) - RZ

3 Bounds from Particle Decays

When kinematically allowed, the couplings in Eq. (1.1) give rise to LFV decays with the

(invisible) PGB in the final state. The corresponding decay width is given by

Γ(!i → !ja) =
1
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, (3.1)

and the differential decay rate for a polarized muon is given by (in the limit where me =

ma = 0 for simplicity)
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1 + 2P cos θ

CV
µeC

A
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(CV
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]
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where P is the polarization fraction of the muons, and θ is the angle between the polariza-

tion vector and the electron momentum.

3.1 Muon decays: FA,V
µe

The current best bound on the FV decay of the muon mediated by the familon come from

the TRIUMF experiment [10] where 1.8 · 107 muons were collected:

BR(µ → ea) ≈ Γ(µ → ea)

Γ(µ → e ν ν̄)
! 2.6 · 10−6 ⇒ f " 6 · 109 GeV . (3.3)

⇒ f " 2.8 · 107 GeV (3.4)

At first sight this bound assumes only vector couplings of the familon and cannot be directly

applied to our scenario where the couplings are instead purely axial. The challenge of this

experiment is to look for the presence of a positron with energy Eline
e = mµ/2. Detecting

such a line at the end of the background distribution of µ → e ν ν̄ is challenging because

the positron spectrum from the background is also peaked at Eline
e :

d2Γ

dx d cos θ
= Γµ ((3− 2x)− P (2x− 1) cos θ)x2 (3.5)

where x = 2Ee/mµ and the total width of the muon is Γµ = 3 · 10−9 eV. See [13] for a

nice review of the SM muon properties. It is clear that for 〈P 〉 = 0 the SM background

is peaked at Eline
e = mµ/2 exactly like the signal. In order to get rid of the background

the TRIUMF experiment [10] used a polarized muon beam and look for positrons in the

direction opposite to the muon polarization. For such a configuration the background from

(3.5) goes to zero for Eline
e = mµ/2. The distribution of the signal for a polarized beam

– 5 –
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µ → eν̄ν
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Ordinary

dΓ(µ+ → e+ a)

d cos θ
=

Γµ→e a

2

[
1 + 2P cos θ

CV
eµC

A
eµ

(CV
eµ)

2 + (CA
eµ)

2

]

<latexit sha1_base64="yTDiF770iUymABuEYf6rzSYYrvU="></latexit>

" → e a  signal for ma ≈ 0: 
monochromatic e+ at m$/2

Unless it couples (V-A) like in the SM:

⇒ BR(µ+ → e+a) < 2.6× 10−6
<latexit sha1_base64="1hdLErDxRKuChBGR8VMIry67QPA="></latexit><latexit sha1_base64="1hdLErDxRKuChBGR8VMIry67QPA="></latexit><latexit sha1_base64="1hdLErDxRKuChBGR8VMIry67QPA="></latexit><latexit sha1_base64="1hdLErDxRKuChBGR8VMIry67QPA="></latexit>

for the isotropic case, they set the limit

thus one gets

• Jodidio et al. (TRIUMF) 1986

⇒ Fµe > 4.8× 109 GeV

<latexit sha1_base64="o3on/7rtH2j1MvgQ4M7W+VKlQYU="></latexit>
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FIG. 4. (color online) Confidence intervals set on branching
ratios for µ+ → e+X0 decays determined from the muon de-
cay spectrum for signals well separated from the endpoint.
Statistical and energy calibration uncertainties are included.
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FIG. 5. (color online) FC confidence intervals determined
at the endpoint as a function of the momentum calibration
offset. The black dotted line shows the best a priori estimate
of the momentum calibration as determined from Table I.

density and effective sample size. Since the momentum
resolution was also better than that of the TWIST de-
tector by a factor of 2 at similar angles, the upper limit
on the branching ratio is an order of magnitude smaller
than the comparable limits set by this work. However,
the experiment was also insensitive to signal anisotropies.
Consequently, a signal with A = −1 would have not been
visible, while a signal with A = +1 would have been ex-
cluded with a 1.3 ppm upper limit at 90% confidence.

VII. CONCLUSIONS

No significant evidence for µ+ → e+X0 decays has
been found in this search. The limits on these decays
for 13 MeV/c2 < mX0 < 80 MeV/c2, where the X0

Decay Signal 90% C.L. p-value
(in ppm)

A = 0 Average 9
p = 37.03 MeV/c 26 0.66

Endpoint 21 0.81
A = −1 Average 10

p = 37.28 MeV/c 26 0.60
Endpoint 58 0.80

A = +1 Average 6
p = 19.13 MeV/c 6 0.59

Endpoint 10 0.90

Previous Results
Balke et al. [24] 100
Bryman and Clifford [25] 300
Jodidio et al. [26] 2.6

TABLE II. The 90% upper limits for the branching ratio of
µ+ → e+X0 processes which produce positron signals with
positive, negative, and no anisotropy. The average of the
upper limits of e+ signals produced in the presence of massive
X0 particles is shown for all three cases as well as similar
limits associated with massless X0 particles determined from
the positron spectrum endpoint. The momentum, 90% upper
confidence limits, and p-value of the most significant massive
signal is also given. The results of Balke et al. and Bryman
and Clifford are directly comparable to the case of µ+ →
e+X0 decays producing massive bosons with no anisotropy
(A = 0), while the results of Jodidio are comparable to the
production of massless X0 bosons, also assuming A = 0.

decay is not observed, have been improved by a factor of
10 over previously published limits. The dependence of
these limits on the decay anisotropy has been studied for
the first time.
Due to the systematics associated with the detailed

understanding of the decay positron spectrum endpoint,
our limits on µ+ → e+X0 processes with mX < 13
MeV/c2 are much less restrictive. For this range we have
reported the first inclusive limit on decays having the
same anisotropy as ordinary muon decay, while for other
anisotropies the Jodidio et al. measurement is more sen-
sitive.
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SM-like

Limits (with 5.8×108 "+):

BR(µ → ea) < 5.8× 10−5
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For V-A coupl. and ma ≈ 0:

⇒ Fµe > 1.0× 109 GeV
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Future prospects

Lorenzo Calibbi (Nankai)LFV into ALPs

 Present bounds based on old experiments and/or
 not-so-high luminosities (<109 total muon decays)

 #E5 beamline at PSI (where MEGII and Mu3e are located)
  can deliver >108 muons per second:

 next generation experiment must do better!
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MEG: Signature and experimental setup

• The MEG experiment aims to search for μ+ → e+ γ with a sensitivity of ~10-13  (previous 
upper limit BR(μ+ → e+ γ) ≤ 1.2 x 10-11 @90 C.L. by MEGA experiment) 

• Five observables (Eg, Ee, teg, ϑeg, ϕeg) to characterize μ→ eγ events

γ
µ+e+

γ
µ+e+

ν

ν

γ

µ+e+

ν

ν

Signature

Backgrounds

�53

A. Baldini et al. (MEG Collaboration), 
Eur. Phys. J. C73 (2013) 2365

Future prospects: MEG II

Lorenzo Calibbi (Nankai)LFV into ALPs

slide borrowed from A. Papa

Final result (with 7.5x1014 "+ on target): BR(µ → eγ) < 4.2× 10−13 (90%CL)
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Calibbi, Redigolo, Ziegler, JZ, 2006.04795

MEGII-fwd
• MEGII is designed to search for 

• could be repurposed for  search  MEGII-fwd

• already has polarized muons

• place a Lyso ECAL downstream 
 
 
 
 

• need to reconfigure the magnetic field 

• most conservative no focusing, F=1

• possibly more realistic F=100

• interesting reach already with 2weeks of running* 

μ → eγ
μ+ → e+a ⇒

6

MEG-II, 1801.04688 

     LYSO calorimeter 
    

* projections done for , PSI  beamline potentially   in 2025+ 108μ+/s πE5 1010μ+/s

What about a Jodidio-like search at MEG II for ma ≈ 0 with a forward calorimeter? 

Future prospects: MEG II

• Prospect at MEG II for " → e a 

We propose a modified setup of MEG II (“MEGII-fwd”) and ~2 weeks dedicated run

Lorenzo Calibbi (Nankai)LFV into ALPs

idea from discussions with A. Papa and G. Signorelli, thanks! 
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Calibbi, Redigolo, Ziegler, JZ, 2006.04795

MEGII-fwd
• MEGII is designed to search for 

• could be repurposed for  search  MEGII-fwd

• already has polarized muons

• place a Lyso ECAL downstream 
 
 
 
 

• need to reconfigure the magnetic field 

• most conservative no focusing, F=1

• possibly more realistic F=100

• interesting reach already with 2weeks of running* 

μ → eγ
μ+ → e+a ⇒

6
* projections done for , PSI  beamline potentially   in 2025+ 108μ+/s πE5 1010μ+/s

~1.5 m from the target, diameter ~ 10 cm

• Muon beam already polarized 
• A suitable magnetic field can 

reduce depolarization effects 
• Reconfiguring the field we can 

also increase the acceptance 
(“magnetic focusing” up to F~100) 

• Two weeks of run after MEG II 
main run are enough to improve 
the bound (even with F=0) 
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Future prospects: MEG II

Our estimate of the sensitivity of a dedicate run (2 weeks with 108 "+/s):

Lorenzo Calibbi (Nankai)LFV into ALPs

What about a Jodidio-like search at MEG II for ma ≈ 0 with a forward calorimeter? 

idea from discussions with A. Papa and G. Signorelli, thanks! 
We propose a modified setup of MEG II (“MEGII-fwd”) and ~2 weeks dedicated run

magnetic focusingpolarization

Positron  
momentum  
resolution

xe =
2pe
mµ
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Figure 6. Left: The orange contours show the 90% C.L. expected sensitivity on BR(µ+ → e+a)
at MEGII-fwd for a massless isotropic ALP (either CV

µe "= 0 or CA
µe "= 0) as a function of the

momentum resolution δxe, and the deviation of average polarization 〈Pµ〉 from −1, assuming there
is no magnetic focusing. Right: The expected sensitivity at MEGII-fwd (orange contours) as
a function of the momentum resolution δxe and focusing F , setting muon polarization to 〈Pµ〉 =
−1+δxe. The angular resolution is assumed to be subdominant and systematic uncertainties below
the statistical one. The darker green region are excluded by the 1986 Jodidio et al. experiment [9],
cf. Table 1. The dashed dark orange line indicates where our future projections assume that
systematic uncertainties can be lowered compared to the ones in Jodidio et al. εsys = 0.9× 10−6.

Mu3e experiment [42]. The dark thin red line in Fig. 1 shows the 95% C.L. limit on fa for

isotropic LFV ALP that Mu3e is projected to achieve with a physics run of 300 days. The

∼ 104 improvement in fa reach over the TWIST experiment is mostly driven by the seven

orders of magnitude larger dataset, which, however, does not come without challenges.

For µ+ → e+a search the Mu3e will be able to reconstruct online all the single positron

events corresponding to “short tracks”, i.e., events with only four hits on the four detector

layers. The online reconstruction of “short tracks” in the filter farm has been shown to

reduce by a factor of a 100 the data rate [69], making it possible to process all the short

tracks events and store positron three-momenta, #pe. A search for BR(µ+ → e+a) positron

line can be done as a bump hunt on the smooth SM |#pe| distribution, assuming that every

positron event corresponds to a single track.

The tracks in Mu3e will gyrate around the magnetic field of roughly 1T. The typical

e+ gyroradius will be much larger than the radius of the Mu3e instrumented region – a

cylinder with radius of around 6 cm. Encountering the detector material the positron will

loose momentum and eventually stop. The positron will typically stop after half a turn,

i.e., after having encountered at least four detector layers: 2 central layers + 2 external

layers. This justifies the assumption of one positron per one track. Positrons emitted

perpendicularly to the muon beam will instead perform many turns in the central layers

– 19 –
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Mu3e: The                      search   µ+ → e+e+e−

• The Mu3e experiment aims to search for μ+ → e+ e+ e- with a sensitivity of ~10-15   (Phase I) 
up to down ~10-16  (Phase II). Previous upper limit BR(μ+ → e+ e+ e- ) ≤ 1 x 10-12 @90 C.L. by 
SINDRUM experiment) 

• Observables (Ee, te, vertex) to characterize μ→ eee events

�78
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Signature Background
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Future prospects: Mu3e

Lorenzo Calibbi (Nankai)LFV into ALPs

SciPost Physics Proceedings Submission

Target

Inner pixel layers

Outer pixel layers

Recurl pixel layers

Scintillator tiles

μ Beam

Figure 2: Schematic of the phase I Mu3e experiment in lateral projection with a simulated
µ → eee event.

2.1 Signal and Background

The signal decay µ+ → e+e−e+ is characterised by the coincidence of two positrons and one
electron1 from a common vertex. As muons are stopped in the detector and decay at rest, the
momenta of the three decay products vanishes whereas the invariant mass equals the muon
rest mass.
There are two sources of background to µ → eee searches. On the one hand, there is back-
ground from the rare muon decay µ+ → e+e−e+νµνe which has the same visible final state
as µ+ → e+e−e+. This source of background can be distinguished from signal by measuring
the missing energy carried by the undetected neutrinos.
On the other hand, high muon stopping rates give rise to accidental combinations of two
positrons and an electron from different processes. The most common source of this back-
ground stems from positrons that undergo Bhabha scattering in the detector material and
have a considerable momentum transfer to the electron. Paired with another positron from a
close-by Michel decay, these three particles can mimic a signal decay. In addition to kinematic
constraints, this type of background is suppressed by means of vertexing and timing.
Thus, for the Mu3e experiment a very accurate electron tracking and a precise timing mea-
surement are required in addition to high muon stopping rates.

2.2 Experimental Concept

The Mu3e experiment is designed to measure low momentum electrons with outmost precision
and at high rates. In phase I, it will be located at an existing muon beam line at PSI which
can provide muon rates of about 108 µ/s. In the second phase, higher muon rates in the range
of 109 µ/s are required. PSI is currently investigating on options for the High Intensity Muon
Beam line with muon rates of the order of 1010 µ/s.
The detector is shown in figure 2. The incoming muon beam is stopped on a hollow double
cone target made from Mylar foil. The momentum of the decay products is measured by their
curvature in the solenoidal magnetic field. The tracking detector is based on silicon pixel
sensors and is cylindrically arranged around the beam axis. Two layers of pixel sensors sur-
round the target for precise vertexing while two further layers are placed at a larger radius for
momentum measurements. A minimum transverse momentum pT of 10MeV is required for

1In the following, the two positrons and the electron will simply be referred to as three electrons.

3

slide borrowed from A. Papa
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(a) Simulated background events.
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(b) Simulated µ → eX signal events.

Figure 9: Spectra of the reconstructed momentum of positrons from simulated Standard
Model background and µ → eX signal events.

TWIST experiment [11]. Averaged over the mass range, branching fractions larger 9× 10−6

are excluded at 90% CL. Driven by the large number of muon decays, an improvement by
a factor of 600 is estimated for the Mu3e experiment in phase I with expected branching
fraction limits in the order of 10−8.

4 Conclusion

The upcoming Mu3e experiment at PSI is going to search for the lepton flavour violating
decay µ+ → e+e−e+ with an unprecedented sensitivity. Already in phase I, a branching
fraction of 5.2× 10−15 can be measured or excluded at 90% CL. Furthermore, conclusions on
the type of underlying physics can be drawn from the decay distributions in case of discovery.
In addition to µ → eee searches, the experiment is also suited to investigate other signatures
of physics beyond the Standard Model. Substantial improvements can be expected in searches
for decays of the type µ → eX for which branching fractions in the order of 10−8 can be tested.
Also in the case of dark photons a currently uncovered parameter space can be studied.
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ma ≈ 0 : BR(µ → ea) < 7× 10−8 ⇒ Fµe ! 3× 1010 GeV
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Astrophysical bounds

Lorenzo Calibbi (Nankai)LFV into ALPs

we need to rescale the energy loss rate by the ratio

further suppress the SM background from τ → "i νν̄ exactly like the Jodidio’s experiment

for muons [9]. If this technique will be advantageous depends on how much rate is loose

to select the tau polarization and how much knowing the tau polarization would allow to

suppress the background. We hope to come back on this challenge in the future. [DR: ask

Jure if he thought more about that]

6 Bounds from Astrophysics

It is well-known that the emission of light particles can alter stellar evolution to an extent

that can easily get in gross conflict with observations, thus leading to powerful constraints

on the interaction strength of such light particles with matter and radiation [65]. Here we

are interested in the constraints on PNGB couplings to electrons, which can lead to efficient

energy loss via bremsstrahlung from electrons scattering off nuclei e− +N → e− +N + a.

The resulting bounds for massless PGNB (relevant for the QCD axion) have been studied

for the case of red giants (RG) [66, 67] and white dwarfs (WD) [43], which give roughly

comparable bounds, with the latter slightly more stringent. In terms of the coupling FA
ee

defined in Eq. (2.2), these bounds read at 95% CL:

FA
ee ! 4.6× 109GeV (WD) , FA

ee ! 2.4× 109GeV (RG) . (6.1)

Interestingly, there are a number of hints for non-standard energy loss in several stellar

systems. The global fit performed in Ref. [68] finds that an axion/ALP solution to these

anomalies with a coupling

5.4× 109GeV " FA
ee " 8.1× 109GeV (1σ favoured range) (6.2)

is preferred to the standard neutrino energy loss at the 3σ level.

For non-negligible PGNB masses, the cooling rates are expected to be Boltzmann-

suppressed. Following Ref. [69] we estimate the resulting constraints on massive PGNBs

by rescaling the energy loss rates by the ratio R(ma, T ) of PGNB energy densities Ea for

the massive and massless case

R(ma, T ) ≡ Ea(ma, T )/Ea(0, T ) , (6.3)

with energy densities

Ea(ma, T ) =
1

2π2

∫ ∞

ma

E2
√

E2 −m2
a

eE/T − 1
dE =






π2

30T
4 ma % T

1
(2π)3/2

T 4
(
ma
T

)5/2
e−ma/T ma & T

. (6.4)

Since the cooling rates scale with (FA
ee)

−2, the constraints on massive PGNBs in Fig.1 are

obtained by simply rescaling the massless bounds by
√

R(ma, T ).

Because of the Boltzmann suppression, the star cooling bounds rapidly shut off in the

vicinity of about ma ≈ 2T , where TRG ≈ 108K ≈ 8.6 keV and TWD ≈ 107K ≈ 0.8 keV. For

larger PNGB masses constraints from neutron star cooling in supernova explosions become

relevant, as the nascent proto-neutronstar (PNS) can reach temperatures of order 30MeV
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systems. The global fit performed in Ref. [68] finds that an axion/ALP solution to these

anomalies with a coupling
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is preferred to the standard neutrino energy loss at the 3σ level.

For non-negligible PGNB masses, the cooling rates are expected to be Boltzmann-
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by rescaling the energy loss rates by the ratio R(ma, T ) of PGNB energy densities Ea for

the massive and massless case

R(ma, T ) ≡ Ea(ma, T )/Ea(0, T ) , (6.3)

with energy densities

Ea(ma, T ) =
1

2π2

∫ ∞

ma

E2
√

E2 −m2
a

eE/T − 1
dE =






π2

30T
4 ma % T

1
(2π)3/2

T 4
(
ma
T

)5/2
e−ma/T ma & T

. (6.4)

Since the cooling rates scale with (FA
ee)

−2, the constraints on massive PGNBs in Fig.1 are

obtained by simply rescaling the massless bounds by
√

R(ma, T ).

Because of the Boltzmann suppression, the star cooling bounds rapidly shut off in the

vicinity of about ma ≈ 2T , where TRG ≈ 108K ≈ 8.6 keV and TWD ≈ 107K ≈ 0.8 keV. For

larger PNGB masses constraints from neutron star cooling in supernova explosions become

relevant, as the nascent proto-neutronstar (PNS) can reach temperatures of order 30MeV
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Raffelt Phys. Rept. ‘90

Well-known bounds on ALP-electron couplings from energy loss in star 
systems [red giants (RG), white dwarfs (WD)] due to processes like:

e− +N → e− +N + a

<latexit sha1_base64="vR2xs6bP+ke2dGRE2owRlJfhU/o=">AAACAHicbVDLSgMxFM34rPU16sKFm2ARhGKZkYK6K7pxJRXsA9qxZNI7bWgmMyQZoQzd+CtuXCji1s9w59+YtiNo64HA4Zx7uTnHjzlT2nG+rIXFpeWV1dxafn1jc2vb3tmtqyiRFGo04pFs+kQBZwJqmmkOzVgCCX0ODX9wNfYbDyAVi8SdHsbghaQnWMAo0Ubq2Ptwf4KL+Aa3dYR/eBGTjl1wSs4EeJ64GSmgDNWO/dnuRjQJQWjKiVIt14m1lxKpGeUwyrcTBTGhA9KDlqGChKC8dBJghI+M0sVBJM0TGk/U3xspCZUahr6ZDInuq1lvLP7ntRIdnHspE3GiQdDpoSDh2IQdt4G7TALVfGgIoZKZv2LaJ5JQbTrLmxLc2cjzpH5acsuli9tyoXKZ1ZFDB+gQHSMXnaEKukZVVEMUjdATekGv1qP1bL1Z79PRBSvb2UN/YH18A53akzo=</latexit>

(possible if a is not much heavier 
than T inside the star)

Raffelt Weiss ‘94

Bertolami at al ‘14 Viaux at al ‘13

Giannotti at al ‘17
Hints (~3$) for non-standard WD cooling require: FA

ee ≈ 6× 109 GeV
<latexit sha1_base64="B5iEDb0t+eIaSBtSzcmxIy2/PDw=">AAACE3icbVDJSgNBEO2JW4xb1KOXxiCIhzATxeUWFdRjBLNAZjL0dCpJk56F7h4xDMk3ePFXvHhQxKsXb/6NneWgiQ8KHu9VUVXPiziTyjS/jdTc/MLiUno5s7K6tr6R3dyqyDAWFMo05KGoeUQCZwGUFVMcapEA4nscql73cuhX70FIFgZ3qheB45N2wFqMEqUlN3uArxrnbgLQxwObRJEIHwb42FbMB4kts3E2SGzh42uo9N1szsybI+BZYk1IDk1QcrNfdjOksQ+BopxIWbfMSDkJEYpRDv2MHUuICO2SNtQ1DYje6SSjn/p4TytN3AqFrkDhkfp7IiG+lD3f050+UR057Q3F/7x6rFqnTsKCKFYQ0PGiVsyxCvEwINxkAqjiPU0IFUzfimmHCEKVjjGjQ7CmX54llULeOswXbo9yxYtJHGm0g3bRPrLQCSqiG1RCZUTRI3pGr+jNeDJejHfjY9yaMiYz2+gPjM8ffZedSg==</latexit>

We extend the bounds to the case of massive ALP: Boltzmann suppression

FA
ee ! 4.6× 109 GeV (WD) FA

ee ! 2.4× 109 GeV (RG) (ma " 1− 10 keV)

<latexit sha1_base64="CbfUvE3UnBEtgHUZfJ/OrahG598="></latexit>
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Above ~0.1 MeV, supernova bounds become important

Similarly, bounds can be obtained for the "" coupling and the "e coupling

energy loss in highly-
degenerate conditions:

after a few seconds after the supernova explosion [70, 71]. In order to estimate this bound

we use the expression for the energy loss rate per unit mass ε from Ref. [65, 72], valid for

highly degenerate conditions

ε =
π

15
α2
em

T 4

mn(FA
ee)

2
YpF , (6.5)

where Yp = np/nB is the number density of protons with respect to baryon number density

and F is an angular integral that includes plasma screening effects:

F =

∫
dΩ2

4π

dΩa

4π

(
1− β2

F

) [
2 (1− c12)− (c1a − c2a)

2
]

(1− c1aβF) (1− c2aβF) (1− c12)
(
1− c12 + κ2DH

) . (6.6)

Here βF = pF/EF = pF/
√
p2F +m2

e ≈ 1 is the velocity at the Fermi surface and c12, c1a, c2a
are the cosines of the angles between the 3-momenta p1 (p2) of the incoming (outgoing)

electron and the PNGB pa, respectively. Screening effects enter through the parameter

κ2DH = k2DH/2p
2
F, where kDH is the Debye screening scale. Note that nascent neutron stars

with TNS ≈ 30MeV and ρ ≈ ρnuclear can be treated as weakly coupled, degenerate plasmas,

so that electron screening effects can be neglected with respect to proton screening giving

k2DH = 4παnp/TNS. As the main contribution to the angular integrals comes from the

forward direction (c12 = 1 and c1a = c2a), the integral can be approximated by setting

c2a = c1a in the denominator only. Then one has in the ultra-relativistic case [69]

F =
2 + κ2DH

2
log

2 + κ2DH

κ2DH

− 1 . (6.7)

For the numerical evaluation we use nB = 1.4 × 106MeV3, Yp = 0.2, pF = 204MeV, so

that κDH = 0.10 and F = 4.3 [RZ: numerically I get directly from Eq.(5.4) F = 9.5, to be

checked!]. This implies for the energy loss rate

ε = 1.2× 1020
erg

g s

(
107GeV

FA
ee

)2

. (6.8)

Imposing the crude bound on the energy loss of ε ! 1019 erg g−1 s−1 [69], we finally find for

the case of a massless PNGB the bound

FA
ee " 3.4× 107GeV (SN1987A) . (6.9)

For non-zero masses we again rescale this bound by the factor R(ma, T ) in Eq. (6.3) with

T → TNS ≈ 30MeV.

Finally we discuss the possibility that the interaction is so strong that the PNGB

remains trapped within the stellar material, in which case there is no bound. Following

Ref. [69], we estimate the resulting lower bounds on FA
ee by requiring that the mean free

path λ of the PGNB is smaller than the effective radius R0, where the mean free path

results from decay and absorptions

λ−1 = β−1Γabs + (βγ)−1Γdecay . (6.10)
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angular integral (including 
plasma screening)
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We get a bound from the cooling of the proto-neutron star in the 
SN1978A explosion to the ALP coupling to electrons (new!)

Bollig et al '20

Summary of astro-bounds (ma≈0)

BR(µ → ea) ! 4× 10−3
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equivalent to

ma ! TSN ≈ 30 MeV :
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Process Decay constant Bound (GeV) Experiment

FA
ee 4.6× 109 WD

FA
ee 2.4× 109 RG

Star cooling FA
ee 3.4× 107 SN1987Aee

FA
µµ 1.6× 106 SN1987Aµµ

Fµe 1.4× 108 SN1987Aµe

1

Present best limits

Process BR Limit Decay constant Bound (GeV) Experiment

Star cooling – FA
ee 4.6× 109 WDs [44]

– FA
µµ 1.3× 108 SN1987Aµµ [45, 46]

4× 10−3 Fµe 1.4× 108 SN1987Aµe (Sec. 6.1)

µ → e a 2.6× 10−6∗ Fµe (V orA) 4.8× 109 Jodidio at al. [9]

µ → e a 2.5× 10−6∗ Fµe (V +A) 4.9× 109 Jodidio et al. [9]

µ → e a 5.8× 10−5∗ Fµe (V −A) 1.0× 109 TWIST [10]

µ → e a γ 1.1× 10−9∗ Fµe 5.1× 108# Crystal Box [47]

τ → e a 2.7× 10−3∗∗ Fτe 4.3× 106 ARGUS [43]

τ → µa 4.5× 10−3∗∗ Fτµ 3.3× 106 ARGUS [43]

Expected future sensitivities

Process BR Sens. Decay constant Sens. (GeV) Experiment

µ → e a 7.2× 10−7∗ Fµe (V orA) 9.2× 109 MEGII-fwd"

µ → e a 7.2× 10−8∗ Fµe (V orA) 2.9× 1010 MEGII-fwd""

µ → e a 7.3× 10−8∗ Fµe (V orA) 2.9× 1010 Mu3e [42]

τ → e a 8.3× 10−6∗∗ Fτe 7.7× 107 Belle II

τ → µa 2.0× 10−5∗∗ Fτµ 4.9× 107 Belle II

Table 1. The present model independent 95% C.L. best bounds on leptonic ALP couplings FV,A
!!′ ,

Eq. (2.2), are given in the upper part of the Table, with future projections listed in the lower part.
The bounds assume ma below the mass resolution of the experiments considered here (see Fig. 1 for
modifications when ma is sizable). These follow from 90% C.L. (∗) and 95% C.L. (∗∗) bounds on
branching ratios in the 2nd column, rescaled using Z95/Z90 = 1.3 when necessary. The MEGII-fwd
projections are obtained for two different sets of assumptions: MEGII-fwd" assumes δxe = 10−2

and 〈Pµ〉−1 = 10−2 with no focusing, while MEGII-fwd"" in contrast sets the focusing to F = 100,
roughly what was achieved in the 1986 experiment by Jodidio et al [9], cf. Sec. 3.2 for details. The
Belle II projection for τ → µa is rescaled from the Belle MC simulation in Ref. [48], while the one
for τ → ea is rescaled directly from the ARGUS result [43]. (#) The Crystal Box bound on Fµe can
vary between (5.1− 8.3)× 108 GeV depending on the assumed positron energy loss, cf. Eq. (4.9).

where z± = 1 − (m#i ±m#j )
2/m2

a, so that for ma & m#i,#j we have z± → 1. In the limit

mi = mj the result reduces to

Γ(a → $i$i) =
ma

2π

(
m#i

FA
ij

)2
√

1−
4m2

#i

m2
a

. (2.8)

The ALP decays to neutrinos are often suppressed, so that in the bulk of the paper we set

Γ(a → νiνj) = 0 (the majoron is an important exception, see Sec. 7.4). The coupling to

photons, Eeff , depends on the UV physics as well as on the IR derivative couplings of ALP

– 7 –
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depends on UV completion, 
e.g. anomaly coefficient (QCD axion:                     ) 

• Obvious requirement, cosmological lifetime 

• More stringent bound: extragalactic background light (from a→%%) 

Figure 3. Graphical representation of the current bounds and future projections for different LFV
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due to the derivative ALP couplings decouple in the heavy fermion limit. The anomaly

contribution is encoded in the Wilson coefficient, EUV, and depends on the structure

of the UV model. We use the the following normalization for the effective ALP-photon

Lagrangian 4

Leff = EUV
αem

4π

a

fa
FF̃ , (2.9)

such that for QCD axion EUV = E/2N . For example, in the DFSZ-II model for the

QCD axion [12, 13], in which the charged leptons couple to the same Higgs as the up-

quarks, one has EUV = 1/3. In Sec. 7 below, we give four explicit examples of LFV ALP

models. For these we have EUV = {2/3, 10/9, (10 ÷ 24), 0} for LFV QCD axion, Sec. 7.1,

for LFV axiflavon, Sec. 7.2, for anarchic LFV familon, Sec. 7.3, and for majoron, Sec. 7.4,

respectively. If ALP also couples to quarks and gluons there are additional contributions

to (2.8), both from heavy quarks as well as from pions running in the loop (see Ref. [50]

for complete expressions). From now on we fix EUV = 1, unless specified otherwise, since

its precise value does not affect most of the physics discussed in this paper.

As shown in Fig. 1, we focus in this paper on the region of parameter space where the

ALP is long-lived on detector scales. As we will motivate extensively in Sec. 7 we believe

that this region is theoretically the most appealing. For the discussion of phenomenologi-

cally interesting decay channels in the displaced and prompt regions, we refer the reader to

Refs. [51–53] and to the recent MEG limit on LFV light particles decaying to two photons,

µ → eX, X → γγ [54]. A complementary probe of LFV couplings in the region of heavier

ALP masses is the muonium-antimuonium oscillation, which would be induced by s− and

t− channel exchanges of ALPs with µe − a couplings. While the resulting bounds on fa

4Our conventions are ε0123 = 1 and F̃µν = 1/2 εµνρσF
ρσ.
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due to the derivative ALP couplings decouple in the heavy fermion limit. The anomaly

contribution is encoded in the Wilson coefficient, EUV, and depends on the structure

of the UV model. We use the the following normalization for the effective ALP-photon

Lagrangian 4

Leff = EUV
αem

4π

a

fa
FF̃ , (2.9)

such that for QCD axion EUV = E/2N . For example, in the DFSZ-II model for the

QCD axion [12, 13], in which the charged leptons couple to the same Higgs as the up-

quarks, one has EUV = 1/3. In Sec. 7 below, we give four explicit examples of LFV ALP

models. For these we have EUV = {2/3, 10/9, (10 ÷ 24), 0} for LFV QCD axion, Sec. 7.1,

for LFV axiflavon, Sec. 7.2, for anarchic LFV familon, Sec. 7.3, and for majoron, Sec. 7.4,

respectively. If ALP also couples to quarks and gluons there are additional contributions

to (2.8), both from heavy quarks as well as from pions running in the loop (see Ref. [50]

for complete expressions). From now on we fix EUV = 1, unless specified otherwise, since

its precise value does not affect most of the physics discussed in this paper.

As shown in Fig. 1, we focus in this paper on the region of parameter space where the

ALP is long-lived on detector scales. As we will motivate extensively in Sec. 7 we believe

that this region is theoretically the most appealing. For the discussion of phenomenologi-

cally interesting decay channels in the displaced and prompt regions, we refer the reader to

Refs. [51–53] and to the recent MEG limit on LFV light particles decaying to two photons,

µ → eX, X → γγ [54]. A complementary probe of LFV couplings in the region of heavier

ALP masses is the muonium-antimuonium oscillation, which would be induced by s− and

t− channel exchanges of ALPs with µe − a couplings. While the resulting bounds on fa

4Our conventions are ε0123 = 1 and F̃µν = 1/2 εµνρσF
ρσ.
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The minimal requirement for ALP to be the DM is that it is stable on timescales longer

than the lifetime of the Universe. Assuming the a → γγ decay dominates, this translates

into the following constraint,

H0

Γtot
= H0τa > 1, where H0τa " 5.4

(
1

E2
eff

)2(10 keV

ma

)3( fa
1010 GeV

)2

. (6.15)

Taking fa = 1010 GeV as a reference value, this means that the ALP DM probed in LFV

experiments must have a mass below 10 keV. If other decay channels, such as a → νiν̄j ,

are appreciable, then the above bound on the ALP mass is correspondingly lowered (this

is for instance the case for the majoron, see Sec. 7.4). For the rest of this section we will

assume that the ALP decay channels apart from a → γγ can be neglected.

The a → γγ decays contribute to the extragalactic background light (EBL) and may

be bounded by EBL measurements. The ALP decay results in a line at frequency νa =

1.2× 1014ma/eV Hz with intensity

νaIνa =
5× 10−3 Wm−2sr−1

τγγH0
" 6× 10−13 Wm−2sr−1

( ma

1 eV

)3
(
1010Eeff GeV

fa

)2

. (6.16)

A conservative bound on the decay width Γ(a → γγ) is obtained by requiring that the line

intensity in Eq. (6.16) is less than what is observed at that frequency [96]. An updated

map of the EBL observations at different frequencies can be found in Ref. [103]. For

instance, the observed EBL intensity in the optical band is 10−8 Wm−2sr−1, constraining

the axion width well belowH0. Converting the EBL constraints to a bound on fa (assuming

EUV = 1) gives the light blue exclusion region in Fig. 6.2. The conservative constraint

from EBL flux can be improved by looking at specific astrophysical targets or by future

line-intensity mapping campaigns [96]. Particularly relevant for the ALP parameter space

is the SPHEREx project [104], a funded two-year mission by NASA with a planned launch

in 2023, that will probe optical and near infrared frequencies corresponding to ma ∼ eV.

The SPHEREx reach is denoted as green region in Fig. 6.2.

The ALP that satisfies the stability and EBL bounds could be a viable DM candidate.

The main production mechanism in the allowed region of parameter space in Fig. 6.2 is the

misalignment mechanism, first discussed in the context of the QCD axion in Refs. [14–16]

and then generalized to a generic ALP in Ref. [105].11 If inflation occurred below the scale

of ALP global symmetry breaking, the initial misallignment of the ALP, a0, is frozen by the

inflationary dynamics and acts as the initial condition. Conventionally, it is parametrized

in terms of an angular variable, a0 = faθ0, where θ0 ∈ [0,π). As long as the Hubble

expansion rate is large, H > ma, the field is frozen at its initial value a0. At temperature

Tosc, when H(Tosc) " ma, the field starts to oscillate and produces the ALP number density

11The production of hot ALPs through freeze-in via lepton annihilation, !+!− → aγ, or lepton-photon

collisions, !±γ → e±a, could lead to a too large contribution to ∆Neff. It is easy to check that this

contribution is in fact negligible in the parameter space in Fig. 8, once the present bounds on the axion-

electron couplings from stellar cooling are taken into account. (A systematic study of hot ALPs production

through muon or tau couplings in the case where couplings to electrons are switched off has been performed

in Ref. [106].)
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na(Tosc) =
1
2m

2
aa

2
0, which then expands adiabatically until the present time. For the case

when ALP oscillations occur during the radiation dominated epoch the resulting ALP relic

abundance is (see also [107])

ΩT -indep.
a h2 = 0.12× 10−2

√
ma

eV

(
fa

1010GeV

)2(θ0
π

)2( 90

g∗(Tosc)

)1/4

. (6.17)

Since the ALP mass is bounded from above by EBL constraints, the future reach of LFV

searches (i.e. fa ≈ 1010 GeV) will probe a region of parameter space where the production

from misalignment does not suffice to obtain the total observed DM abundance (ΩDMh2 #
0.12 [108]) with an ALP mass independent on temperature. The relation between ma and

fa that leads to the observed DM abundance for θ0 ∼ 1 for a temperature independent

ALP mass is corresponds to the upper gray dashed line in Fig. 8. Below this line the ALP

DM produced through the misalignment mechanism is under-abundant, while above this

line a smaller value of θ0 is needed in order to obtain ΩDMh2 = 0.12.

An interesting alternative possibility that leads to enhanced misalignment production

is if the ALP mass comes from a dynamical mechanism like the one of the QCD axion.

At zero temperature the ALP mass is given by ma = Λ2/fa, while at finite temperature

the mass is suppressed, and is given by ma(T ) = ma(Λ/T )b, where b = 4 in QCD (an

expression for b in a general gauge theory can be found in Ref. [109]). The relic density from

misalignment for this case has been studied in Ref. [105], and more recently in Ref. [107],

and is given by

ΩT -dep
a = ΩT -indep.

a

(
2 + b

2

) 3+b
2+b

(
5

8π

MPl

fa

√
90

g∗(Tosc)

) b
4+2b

. (6.18)

The two additional factors on the r.h.s. enhance the relic abundance with respect to the

result in Eq. (6.17). In Fig 8 we show that for b = 4 this enhancement is large enough

that the correct DM relic abundance is obtained in a large region of parameter space that

will be tested by future LFV searches. The ALP abundance even further enhanced at

small decay constant by tuning the ALP initial condition very close to θ0 = π such that

non-linearities dominate the production [19] or by mixing of the ALP with a dark photon

in a presence of a magnetic field in the early Universe [18]. In summary, these different

production mechanisms can make the ALP abundance match the current DM abundance

in the whole parameter space shown in Fig. 8 which is not excluded by present constraints.

Parts of the LFV ALP parameter space will be probed by other means. In Fig. 8 we

show two types of such probes, based either on axion couplings to electrons or to photon.

All of these probes require the ALP to be the DM, and assume that the ALP is responsible

for the full DM relic abundance. Note that in this case, for the range of masses shown in

Fig. 8, the description of ALP in terms of classical background field is justified, since there

are many ALPs inside a single de Broglie volume. The ALP couplings to electrons can

then lead to efficient axion-magnon conversion in an experiment such as QUAX [93, 94],

which could probe a portion of the ALP parameter space in the ma ∼ 10−50µeV window.

The light purple region in Fig. 8 shows the future reach of QUAX derived in Ref. [95] (the
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Figure 8. The impact of present and future µ → ea searches compared to other light ALP DM
searches, taking EUV = 1, 0 as two representative examples. The green solid line shows the
current best bound on the isotropic LFV ALP [9], the (dark) orange thin line gives our MEGII-
fwd projection assuming F = 100 focusing enhancement (no focusing). The dark red line shows
the sensitivity of Mu3e-online analysis [42]. In the blue region enclosed by the solid blue line the
ALP decays within the present Hubble time, while the region to the right of the dashed blue line
is excluded by the extragalactic diffuse background light measurements for EUV = 0, 1. We also
show the X-rays constraints for EUV = 0 [92, 93]. The red blob indicates where ALP DM could
explain the XENON1T anomaly [94]. The dashed gray lines denote two scenarios where the
observed DM relic abundance is due to ALPs produced trough the misalignment mechanism. On
the upper line the ALP mass is temperature independent, cf. Eq. (6.17), while on the lower line
the temperature dependence is parametrically similar to the one for the QCD axion, cf. Eq. (6.18).
The gray shaded regions are excluded by the star cooling bounds, and the ADMX data [95–97].
The light green region is excluded byt the S2 nly analysis of XENON1T [98] and Panda-X [99].
The purple shaded region shows the future reach of axion-magnon conversion experiments such as
QUAX [100–102]. Regarding the coupling to photons, the cyan band shows the future sensitivity
of SPHEREx estimated in Ref. [103], assuming ALP decay exclusively to two photons, while the
yellow bands show the future sensitivities of resonant microwave cavities such as ADMX [104],
CAPP [105], KLASH [106], and ORGAN [107], dielectric haloscopes such as MADMAX [108] and
the reach of the dielectric stack proposal [109] is shown with light blue.

A conservative bound on the decay width Γ(a → γγ) is obtained by requiring that the line

intensity in Eq. (6.16) is less than what is observed at that frequency [103]. An updated map

of the EBL observations at different frequencies can be found in Ref. [110]. For instance,

the observed EBL intensity in the optical band is 10−8 Wm−2sr−1, constraining the axion
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Putting everything together…



Summary of model-independent bounds

La!! =
∂µa

2fa

(
CV

ij "iγµ"j + CA
ij "iγµγ5"j

)
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Figure 1. Summary of the present bounds and future projections for an ALP with generic couplings
to leptons, i.e., we set CV

!!′ = CA
!!′ = 1 for all the couplings in Eq. (2.1). For the isotropic case we

set CV
µe = 0 and CA

µe = 1 (the opposite choice leads to the same results). In the V± A case we set
CV

µe = ±CA
µe = 1. The gray shaded regions are excluded by the astrophysical bounds from star

cooling due to CA
ee and by SN1987A due to CA

ee and CA
µµ, see Sec. 6.1. We present these bounds for

the isotropic case. The blue shaded region corresponds to a prompt/displaced ALP. The green
solid line is the exclusion due to the bound on µ+ → e+a by Jodidio et al., assuming an isotropic
ALP [9]. The green dotted (dashed) line is our recast of this bound for the V − A (V + A)
case. The sensitivity in the V − A case is worse since then the signal is suppressed in the forward
direction as much as the background. The blue solid (dotted, dashed) lines are the bounds
from the TWIST experiment on isotropic (V −A, V +A) ALP [10]. The dark orange thin solid
line is the MEGII-fwd projection for an isotropic ALP with no magnetic focusing while for the
orange thin solid line we assumed that focusing increases the luminosity in the forward direction
by a factor of 100, cf. Sec. 3.2 for details. The dark red thin solid line is the Mu3e projection
from [42], for the isotropic ALP. The sensitivity for the other chiral structures is expected to be
similar since there is no background suppression in this setup. The purple solid line is the bound
from the τ → µa search by the ARGUS collaboration [43], and does not dependent on the chirality
of the ALP couplings. The purple thin line is the projected reach at Belle-II, see Sec. 5 for details.
The bound on µ+ → e+aγ from Crystal Box is subdominant, see Sec. 4, and is not displayed.

When kinematically allowed, the couplings in Eq. (2.1) give rise to LFV decays with the

(invisible) ALP in the final state.3 The corresponding total decay width is given by

Γ(#i → #j a) =
1

16π

m3
!i

F 2
!i!j

(
1− m2

a

m2
!i

)2

, (2.3)

3We note in passing, that while we do not study the phenomenology of the LFV neutrino decays,

νi → νja, the typical decay time for this process is shorter than the age of the Universe for the ALP decay

constants under consideration. This has interesting phenomenological consequences on neutrino cosmology
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Models



• How generic is a PNGB with flavour-violating couplings to leptons?  
• Can we test ALPs with LFV beyond stars? 
• That is, how are FC and FV couplings related (Fee, F$e, etc.) ?  

To answer these questions, we need to consider specific models

Models for LFV ALPs

Lorenzo Calibbi (Nankai)LFV into ALPs

• LFV QCD axion:  
QCD axion (DSFZ type) with leptons carrying non-universal PQ 

• LFV axiflavon:  
QCD axion obtained by identifying PQ = Froggatt-Nielsen U(1) 
(FV axion-quark couplings suppressed by an additional flavour SU(2)) 

• Leptonic familon 
PNGB from spontaneously broken Froggatt-Nielsen U(1) (acting on leptons only) 

• Majoron 
spontaneously broken lepton number (in the context of low-energy seesaw)

27



LFV QCD axion

Lorenzo Calibbi (Nankai)LFV into ALPs

Our final example, the majoron, is the PNGB associated with the spontaneous breaking

of the lepton number [117, 118]. In Sec. 7.4 we show that in a non-minimal class of

seesaw models the majoron has parametrically enhanced LFV couplings. In these theories

an approximate generalized lepton number suppresses the neutrino masses [41, 119–127],

without suppressing the majoron couplings to the SM.

7.1 The LFV QCD Axion

The mass of the QCD axion is entirely due to the QCD anomaly, and is given by [128]

ma = 5.691(51)µeV

(
1012GeV

fa

)
. (7.1)

The value of the axion decay constraint fa therefore completely determines the mass of the

QCD axion, which for all the processes we consider is effectively massless.

Astrophysical constraints require the axion to be very weakly coupled, with a lifetime

larger than the age of the universe and a mass below 3× 10−2 eV. In this range the QCD

axion is a perfectly viable cold DM candidate in large parts of the parameter space. One

of the simplest scenarios for axion production is the misalignment mechanism described in

Sec. 6.2. In the QCD axion case the observed DM abundance is obtained for misalignment

angles of order unity θ0 ∼ 1 with an axion decay constants fa ∼ 10(11÷13) GeV. For smaller

decay constants, within the reach of LFV experiments, the axion relic from the standard

misalignment contribution is under abundant unless non-trivial dynamics or tuning are

invoked (see discussion in Sec. 6.2).

The axion couplings to fermions in Eq. (2.1) arise from rotating the PQ current to the

fermion mass basis, with unitary rotations V f defined by V f †
L yfV

f
R = ydiagf . Denoting the

PQ charge matrices by Xf , one has

CV,A
fifj

=
1

2N

(
V f †
R XfRV

f
R ± V f †

L XfLV
f
L

)

ij
, (7.2)

where 2N is the domain wall number. The off-diagonal couplings arise when the PQ charges

are not diagonal in the same basis as the Yukawa couplings, yf . Their sizes depend on the

misalignment between the two bases, which is parametrized by the unitary rotations V f
R,L.

We focus on the situation where the PQ charges in the quark sector are universal, so that

the QCD axion only has flavor violating couplings in the lepton sector. (This is of course

not the most general case. If PQ charges in the quark sector are not universal, the results

from Ref. [23] apply, with the bound from K+ → π+a leading to tight constraints on fa.)

In the following, we specify a DFSZ-like model of the QCD axion with LFV couplings.

The field content of the theory consists of the SM fermions, two Higgs doublets, H1,2, and

a complex scalar S that is a gauge singlet. The model contains an anomalous global U(1)

PQ symmetry under which the scalar fields carry charges XS = 1, XH2 = 2 + XH1 . As

a consequence, the scalar potential contains the couplings H†
2H1S2 and (S†S)2, but not,

for instance, H†
1H2S2 or S4. The fermionic U(1)PQ charges are flavor universal in the

quark sector, XuRi = −XH1 , XdRi = XH2 , XqLi = 0, i = 1, 2, 3, while they are generation

– 34 –

V †
LY

eVR = Y e
diag
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Figure 10. Left: the “V + A” LFV axion corresponds to the orange bold solid line. Right:
the “V − A” LFV axion corresponds to the green bold solid line. The grey shaded regions
show the present bounds on LFV QCD axion couplings to photons as a function of axion mass for
the two benchmarks. The grey dashed lines denote future projected sensitivities on the photon
coupling. The solid orange/green vertical lines show the present upper bound on the axion mass
from WD cooling in the two models. The dotted orange/green vertical lines show the present
bound and future reach on the axion mass from LFV experiments. For a comparison we also show
lines corresponding to the standard KSVZ (dark blue) and DSFZ-II (blue) models. The former
one is limited by the SN1987A bound, the latter one by WD cooling. For both the DSFZ-II and
our LFV QCD axion models we set β = 1. See the main text for details.

• Benchmark “V +A” (η =
√
2me/mµ)

CV
µe ≈ CA

µe ≈ 1/6 , CA
ee ≈ c2β/3− 1/2 , (7.12)

• Benchmark “V −A” (η = 1/
√
2)

CV
µe ≈ −CA

µe ≈ 1/6 , CA
ee ≈ c2β/3− 1/2 . (7.13)

We can now reinterpret the model independent bounds on LFV ALPs, derived in Sections

3-6, for the three LFV QCD axion benchmarks (choosing β = 1 as a representative value).

The resulting bounds on fa from µ → ea and from WD cooling, obtained by rescaling

respectively the bounds on FA,V
µe , FA

ee in Table 1 by the appropriate values of CV,A
µe , CA

ee in

the three benchmarks, are collected in Table 3 and presented graphically in Fig. 9.

The SN1987 bound is modified with respect to the one discussed in Sec. 6.1 due to the

axion couplings to quarks and gluons that then result in the axion couplings to nucleons

(due to smaller scattering cross sections the processes involving electrons lead only to

subleading corrections). Adopting the treatment of Ref. [138], the relevant bound is on the

effective coupling to nucleons,

CN ≡
√
C2
n + 0.29C2

p + 0.27CpCn , (7.14)
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Our final example, the majoron, is the PNGB associated with the spontaneous breaking

of the lepton number [117, 118]. In Sec. 7.4 we show that in a non-minimal class of

seesaw models the majoron has parametrically enhanced LFV couplings. In these theories

an approximate generalized lepton number suppresses the neutrino masses [41, 119–127],

without suppressing the majoron couplings to the SM.

7.1 The LFV QCD Axion

The mass of the QCD axion is entirely due to the QCD anomaly, and is given by [128]

ma = 5.691(51)µeV

(
1012GeV

fa

)
. (7.1)

The value of the axion decay constraint fa therefore completely determines the mass of the

QCD axion, which for all the processes we consider is effectively massless.

Astrophysical constraints require the axion to be very weakly coupled, with a lifetime

larger than the age of the universe and a mass below 3× 10−2 eV. In this range the QCD

axion is a perfectly viable cold DM candidate in large parts of the parameter space. One

of the simplest scenarios for axion production is the misalignment mechanism described in

Sec. 6.2. In the QCD axion case the observed DM abundance is obtained for misalignment

angles of order unity θ0 ∼ 1 with an axion decay constants fa ∼ 10(11÷13) GeV. For smaller

decay constants, within the reach of LFV experiments, the axion relic from the standard

misalignment contribution is under abundant unless non-trivial dynamics or tuning are

invoked (see discussion in Sec. 6.2).

The axion couplings to fermions in Eq. (2.1) arise from rotating the PQ current to the

fermion mass basis, with unitary rotations V f defined by V f †
L yfV

f
R = ydiagf . Denoting the

PQ charge matrices by Xf , one has

CV,A
fifj

=
1

2N

(
V f †
R XfRV

f
R ± V f †

L XfLV
f
L

)

ij
, (7.2)

where 2N is the domain wall number. The off-diagonal couplings arise when the PQ charges

are not diagonal in the same basis as the Yukawa couplings, yf . Their sizes depend on the

misalignment between the two bases, which is parametrized by the unitary rotations V f
R,L.

We focus on the situation where the PQ charges in the quark sector are universal, so that

the QCD axion only has flavor violating couplings in the lepton sector. (This is of course

not the most general case. If PQ charges in the quark sector are not universal, the results

from Ref. [23] apply, with the bound from K+ → π+a leading to tight constraints on fa.)

In the following, we specify a DFSZ-like model of the QCD axion with LFV couplings.

The field content of the theory consists of the SM fermions, two Higgs doublets, H1,2, and

a complex scalar S that is a gauge singlet. The model contains an anomalous global U(1)

PQ symmetry under which the scalar fields carry charges XS = 1, XH2 = 2 + XH1 . As

a consequence, the scalar potential contains the couplings H†
2H1S2 and (S†S)2, but not,

for instance, H†
1H2S2 or S4. The fermionic U(1)PQ charges are flavor universal in the

quark sector, XuRi = −XH1 , XdRi = XH2 , XqLi = 0, i = 1, 2, 3, while they are generation
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Bound on fa (in GeV)

Benchmark “V ” Benchmark “V +A” Benchmark “V −A”

SN1987A 9.4× 107 9.4× 107 9.4× 107

WD cooling 1.3× 109 9.3× 108 9.3× 108

µ → e a 1.1× 108 8.0× 108 1.2× 108

Table 3. Bounds on the axion decay constant fa (in GeV) for the three bechmarks of the LFV
axion model choosing β = 1, cf. Eqs. (7.11)-(7.13).
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Figure 9. Present and expected future bounds on fa and ma for the LFV QCD axion in the
three scenarios described in detail in the text, see also Table 3 and Eqs. (7.11)-(7.13). On the
lower axis we indicate the corresponding values for the effective axion mass defined by mi,eff =
4.7 eV × 106 GeV/Fi.

The parameter η controls the size of left- and right-handed rotations. We restrict its values

to the range me/mµ ≤ η ≤ 1 such that there are no unnaturally large cancellations when

diagonalizing the mass matrix. Choosing three representative values of η gives

(V e
L)12 ≈






1√
2

η = 1√
2
,

√
me
mµ

η =
√

me
mµ

,

me
mµ

η =
√
2me
mµ

,

(V e
R)12 ≈






−me
mµ

η = 1√
2
,

−
√

me
mµ

η =
√

me
mµ

,

− 1√
2

η =
√
2me
mµ

,

(7.10)

which we take as the three representative benchmarks: the “V − A”, “V ” and “V + A”

scenarios, respectively. As per our assumptions, the only flavor violating couplings are

between the 1st and the 2nd generation leptons.

More explicitly, the axion couplings in the three scenarios are,

• Benchmark “V ” (η =
√
me/mµ)

CV
µe ≈ 2/3

√
me/mµ , CA

µe = 0 , CA
ee ≈ c2β/3− 2/3 , (7.11)
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3

achieved by measuring majoron couplings without ever
observing the heavy right-handed neutrinos.
To this effect let us point out some interesting proper-

ties of the hermitian matrix MDM†
D [9]: its determinant

is simply detMDM†
D = detMn =

∏6
j=1 mj , which is

strictly positive in the model at hand even if one of the
light neutrinos were massless at tree level [23]. Thus,
MDM†

D is positive definite, which yields a chain of in-

equalities for the off-diagonal entries (MDM†
D)ij , i != j

(see e.g. Ref. [24]):

|(MDM†
D)ij | <

√
(MDM†

D)ii(MDM†
D)jj

≤ (MDM†
D)ii + (MDM†

D)jj
2

≤ 1

2
tr(MDM†

D) .

(7)

This provides a useful way to constrain magnitudes of
the elements of MDM†

D since its trace appears in many
couplings of the majoron.

From Eq. (3) all loop-induced majoron couplings are
necessarily proportional to 1/f . But many couplings con-
tain additional powers of M−1

R ∝ 1/f , which makes them
higher order in the seesaw expansion. We will neglect
these suppressed couplings and focus on those that are
down by only one power of 1/f . For the sake of generality,
we determine the majoron couplings assuming an explicit
shift-symmetry-breaking majoron mass term − 1

2m
2
JJ

2,
making J a pseudo-Goldstone boson. This mass could be
explicit [25, 26] or arise from quantum-gravity effects [27–
29].

A. Neutrino couplings

By inserting Eq. (6) into Eq. (3), the tree-level majoron
coupling to the light active Majorana neutrinos in the
seesaw limit is

LJ =
iJ

2f

3∑

j=1

mjnjγ5nj . (8)

These diagonal majoron couplings to neutrinos are
formally second order in the seesaw expansion since
m1,2,3/f ∼ M2

D/(MRf) ∼ (v/f)2. The omitted off-
diagonal Jninj couplings are determined by the ma-
trix AA†AMRAT /f ∼ (v/f)3 which are further sup-
pressed, and lead to irrelevantly slow active-neutrino de-
cays ni → njJ [4].

Assuming for simplicity mJ ' m1,2,3, the majoron’s
partial decay rate into light neutrinos is

Γ(J → νν) =
mJ

16πf2

3∑

j=1

m2
j . (9)

For sufficiently large f the majoron becomes a long-lived
DM candidate [26, 28, 30–35], discussed in Sec. IVC.
As mentioned earlier, the majoron couplings to all

other SM particles are leading order in the seesaw expan-
sion, i.e. proportional to 1/f , and may easily dominate

the phenomenology despite the additional loop suppres-
sion [9]. Therefore, a thorough discussion of the majoron
requires knowledge of all loop-induced couplings that are
leading order in the seesaw expansion. Using the tree-
level couplings of Eq. (3) we calculate the loop-induced
majoron couplings to the rest of the SM particles and
provide them below.

B. Charged fermion couplings

The leading order couplings to charged fermions are
obtained from the one-loop diagrams in Fig. 1. These
were calculated long ago, both in the one-generation
case [3] and in the three-generation case, which leads to
off-diagonal majoron couplings to leptons [17]. At lead-
ing order in the seesaw expansion, these couplings take a
simple form [9], with (diagonal) quark couplings

LJqq =
iJ

16π2v2f
tr(MDM†

D)
(
d̄Mdγ5d− ūMuγ5u

)
, (10)

and charged lepton couplings

LJ!! =
iJ

16π2v2f
$̄
(
M! tr(MDM†

D)γ5

+2M!MDM†
DPL − 2MDM†

DM!PR

)
$ ,

(11)

where M!,u,d denote the diagonal mass matrices of the
appropriate SM fermions. In addition to exhibiting de-
coupling in the seesaw limit MR ∼ f → ∞, these cou-
plings vanish in the electroweak symmetric limit v → 0
as expected since J is an electroweak singlet. The quark
couplings can be used to derive the majoron couplings to
nucleons N = (p, n)T , using the values from Ref. [36]:

LJNN ) iJ tr(MDM†
D)

16π2v2f
N̄

(
−1.30mp 0

0 1.24mn

)
γ5N .

(12)

At this point let us make some remarks about CP vi-
olation. Already in the one-loop processes above one en-
counters loop-induced majoron mixing with the Brout–
Englert–Higgs boson h, which would result in majoron
couplings to the scalar bilinear f̄f as opposed to the
pseudo-scalar f̄ iγ5f . It was noted in Ref. [17] that the
relevant J–h mixing diagrams vanish for mJ = 0. For
mJ != 0 the J–h amplitude is of order (v/f)2 in see-
saw and hence negligible. This can be understood by
noting that CP-violating phases in the Davidson–Ibarra
parametrization reside both in the active-neutrino mass

FIG. 1. Loop-induced majoron couplings to charged fermions
with the Majorana neutrino mass eigenstates ni running in
the loops.

Majoron

Lorenzo Calibbi (Nankai)LFV into ALPs

|Cx| [Λ = 1 TeV] Λ (TeV) [|Cx| = 1] CLFV Process

Cµe
eγ 2.1× 10−10 6.8× 104 µ → eγ

Cµµµe,eµµµ
"e 1.8× 10−4 75 µ → eγ [1-loop]

Cµττe,eττµ
"e 1.0× 10−5 312 µ → eγ [1-loop]

Cµe
eγ 4.0× 10−9 1.6× 104 µ → eee

Cµeee
"",ee 2.3× 10−5 207 µ → eee

Cµeee,eeµe
"e 3.3× 10−5 174 µ → eee

Cµe
eγ 5.2× 10−9 1.4× 104 µ−Au → e−Au

Ceµ
"q,"d,ed 1.8× 10−6 745 µ−Au → e−Au
Ceµ
eq 9.2× 10−7 1.0× 103 µ−Au → e−Au

Ceµ
"u,eu 2.0× 10−6 707 µ−Au → e−Au

Cτµ
eγ 2.7× 10−6 610 τ → µγ

Cτe
eγ 2.4× 10−6 650 τ → eγ

Cµτµµ
"",ee 7.8× 10−3 11.3 τ → µµµ

Cµτµµ,µµµτ
"e 1.1× 10−2 9.5 τ → µµµ
Ceτee
"",ee 9.2× 10−3 10.4 τ → eee

Ceτee,eeeτ
"e 1.3× 10−2 8.8 τ → eee

Table 2: Bounds on the coefficients of some of the flavour-violating operators of Table 1 for
Λ = 1 TeV, and corresponding bounds on Λ (in TeV) for |Cx| = 1. Adapted from [?, ?, ?].

No direct effect is induced in the charged lepton sector by such an operator, but flavour
violation is transmitted to charged leptons via a W − ν loop, although at an unobservable
level as we will see below. The situation might change as an effect of the UV completion of
the Weinberg operator. Only three kinds of new fields can generate this operator at the tree
level: (i) fermions that are total singlets under the SM gauge group, usually called RH or
sterile; (ii) scalar SU(2)L triplets with hypercharge Y = 1; (iii) fermion SU(2)L triplets with
Y = 0. These three options – which have been respectively labelled as type I [cite], type II
[cite], and type III [cite] seesaw – are schematically depicted in Fig. 1. In the following, we
will sketch the main features of the three kinds of the seesaw mechanism for what concerns
the CLFV phenomenology.

The Lagrangian of type I seesaw can be written as

L = LSM + iN /∂N −
(
YNN Φ̃†L+

1

2
MNNN c + h.c.

)
, (5)

where Φ̃ ≡ iτ2Φ∗ and family indices are understood. MN is a matrix of Majorana mass terms
for the RH neutrinos (that give the necessary violation of L), whose number should be at
least two (three) in order to give mass to two (three) mostly LH (‘active’) neutrinos. Upon
EW symmetry breaking the Yukawa couplings in YN give raise to Dirac RH-LH neutrino mass
terms YNv/

√
2, hence the mass matrix for (νL, N c) reads in blocks:

Mν =

(
0 Y T

N v/
√
2

YNv/
√
2 MN

)
. (6)

Assuming for the mass eigenvalues MNk of MN that MNk & YNv – which is equivalent to
integrating out the N fields from the Lagrangian, thus recovering the effective operator in
Eq. (4) – one obtains the famous seesaw formula for the mass matrix of the light states that

4
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Figure 1: Possible tree-level UV completion of the Weinberg operator of Eq. (4). From
[Abada-etal].

are identified with the active neutrinos:

mν = −v2

2
Y T
NM−1

N YN . (7)

The CLFV effects of the type I seesaw can be easily observed by considering that the
unitary matrix that diagonalises mν – the PMNS matrix U – does not coincide with the
matrix U that appears in the charged current, as an effect of the mixing between LH and RH
neutrinos. In particular, U is not unitary:

U =

(
1− v2

2
Y †
NM−2

N YN

)
U . (8)

Entries of U then appear at the vertices of W −ν loop diagrams inducing the decays "i → "jγ,
such that [cite]:

Γ("i → "jγ)

Γ("i → "jνiν̄j)
=

3αem

32π

∣∣∣
∑

k UikU†
kjF (xk)

∣∣∣
2

(UU†)ii(UU†)jj
, (9)

where xk = m2
νk/M

2
W (with mνk the eigenvalues of mν) and the loop function reads:

F (x) =
10− 43x+ 78x2 − 49x3 + 4x4 + 18x3 lnx

3(x− 1)4
=

10

3
− x+O

(
x2

)
. (10)

From the above equations, one can see that if the RH neutrinos are decoupled, U reduces to
the unitary PMNS U and the constant term in F (xk) does not contribute to Γ("i → "jγ).
As a consequence, one recovers from Eq. (9) the classical expression for the neutrino-induced
CLFV [cite] that is severely suppressed by the small neutrino mass differences: BR("i →
"jγ) ∼ |∆m2

νk/M
2
W |2. This gives for instance BR(µ → eγ) ! 10−54, way below any foreseeable

experimental sensitivity. On the contrary, the effect (encoded in the non-unitarity of U) can
be raised at observable level for low-scale RH neutrinos [cite]. The expression in Eq. (9) does
not give the exact one-loop result, as it does not consider loops involving the RH neutrinos
themselves.1 Still it provides a reliable order-of-magnitude estimate of the rates [cite] and

1Exact expressions – as well as formulae for !i → !j!k!k and µ → e conversion in nuclei – can be found in
[cite].

5

Type I seesaw:

Spontaneous breaking of the lepton number:

MN ! YNv
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L-breaking term

The Majoron J arises when the scale MN (which breaks lepton number by two units) is

generated dynamically by the vev of a new SM singlet scalar field σ, with decomposition

σ =
fN + σ̂√

2
eiJ/fN . (6.15)

The right-handed neutrino mass term in (6.13) is replaced by a Yukawa coupling to the

scalar σ with coupling matrix λN , such that MN = λNfN/
√
2. This Yukawa term provides

also the couplings of the Majoron J (and the radial mode σ̂) to right-handed neutrinos.

It is well-known that these couplings induce couplings of J to charged leptons and quarks

at loop-level [21], and complete expressions have been provided in Ref. [23]. Here we are

interested only in the seesaw limit of these general expressions, which we match to our

Lagrangian (1.1) upon identifying a → J, fa → fN . Using the results of Ref. [24], we find

for the resulting couplings
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, (6.16)
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δij
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Tr
(
yDy

†
D
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− (yDy

†
D)ij

]
, (6.17)

where T u,d
3 = ±1/2. Note that F V

µe = −FA
µe, so the weaker bound on Fµe applies.

As the Majoron couplings depend on the Dirac Yukawa couplings in a different way

than the light neutrino masses, further model building is needed in order to make predic-

tions for LFV decays to Majorons, similar to LFV decays to photons mediated by heavy

neutrinos. In both cases it is clear that that these effects are negligible in the generic case,

since for Yukawas with a characteristic size |(yD)ij | ∼ y the effective suppression scale

of LFV decays is given by F ∼ fN/C ∼ 16π2fN/y2 ∼ 16π2v2/mν ∼ 1016GeV, which

is far above the sensitivity of present experiments. However, since yDM
−1
N yTD transform

non-trivially under lepton number (in contrast to yDy
†
D), it is clear that light neutrino

masses can be parametrically suppressed in the presence of an approximate generalized

lepton number. Such scenarios, usually referred to as the “TeV Scale See-Saw Mecha-

nism”, have been extensively studied in the literature [25–28], and we simply use these

results of Ref. [28] in the following.

In the simplest setup one considers two right-handed neutrinos N1,2 with a (Dirac)

mass matrix MN and Dirac Yukawa couplings parametrized as

MN =

(
0 M

M 0

)
, yD =




ye1 ye2
yµ1 yµ2
yτ1 yτ2



 . (6.18)

In the limit of e.g. y#1 → 0 for all % = e, µ, τ , the Dirac Yukawas respect the residual U(1)

symmetry MN → PMNP , yD → eiαyDP with P = diag{eiα, e−iα}. Clearly this symmetry

is also respected by yDy
†
D, but not by the light neutrino mass matrix, which transform as

mν → e2iαmν . Working in a basis where the charged lepton matrix is diagonal, we can

adjust the above parameters to reproduce all neutrino observables (2 mass differences + 3

mixing angles). This leaves just two parameters free, which we choose to be M , the mass
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1

2
λN σN̄ cN,



Majoron

Lorenzo Calibbi (Nankai)LFV into ALPs

|Cx| [Λ = 1 TeV] Λ (TeV) [|Cx| = 1] CLFV Process

Cµe
eγ 2.1× 10−10 6.8× 104 µ → eγ

Cµµµe,eµµµ
"e 1.8× 10−4 75 µ → eγ [1-loop]

Cµττe,eττµ
"e 1.0× 10−5 312 µ → eγ [1-loop]

Cµe
eγ 4.0× 10−9 1.6× 104 µ → eee

Cµeee
"",ee 2.3× 10−5 207 µ → eee

Cµeee,eeµe
"e 3.3× 10−5 174 µ → eee

Cµe
eγ 5.2× 10−9 1.4× 104 µ−Au → e−Au

Ceµ
"q,"d,ed 1.8× 10−6 745 µ−Au → e−Au
Ceµ
eq 9.2× 10−7 1.0× 103 µ−Au → e−Au

Ceµ
"u,eu 2.0× 10−6 707 µ−Au → e−Au

Cτµ
eγ 2.7× 10−6 610 τ → µγ

Cτe
eγ 2.4× 10−6 650 τ → eγ

Cµτµµ
"",ee 7.8× 10−3 11.3 τ → µµµ

Cµτµµ,µµµτ
"e 1.1× 10−2 9.5 τ → µµµ
Ceτee
"",ee 9.2× 10−3 10.4 τ → eee

Ceτee,eeeτ
"e 1.3× 10−2 8.8 τ → eee

Table 2: Bounds on the coefficients of some of the flavour-violating operators of Table 1 for
Λ = 1 TeV, and corresponding bounds on Λ (in TeV) for |Cx| = 1. Adapted from [?, ?, ?].

No direct effect is induced in the charged lepton sector by such an operator, but flavour
violation is transmitted to charged leptons via a W − ν loop, although at an unobservable
level as we will see below. The situation might change as an effect of the UV completion of
the Weinberg operator. Only three kinds of new fields can generate this operator at the tree
level: (i) fermions that are total singlets under the SM gauge group, usually called RH or
sterile; (ii) scalar SU(2)L triplets with hypercharge Y = 1; (iii) fermion SU(2)L triplets with
Y = 0. These three options – which have been respectively labelled as type I [cite], type II
[cite], and type III [cite] seesaw – are schematically depicted in Fig. 1. In the following, we
will sketch the main features of the three kinds of the seesaw mechanism for what concerns
the CLFV phenomenology.

The Lagrangian of type I seesaw can be written as

L = LSM + iN /∂N −
(
YNN Φ̃†L+

1

2
MNNN c + h.c.

)
, (5)

where Φ̃ ≡ iτ2Φ∗ and family indices are understood. MN is a matrix of Majorana mass terms
for the RH neutrinos (that give the necessary violation of L), whose number should be at
least two (three) in order to give mass to two (three) mostly LH (‘active’) neutrinos. Upon
EW symmetry breaking the Yukawa couplings in YN give raise to Dirac RH-LH neutrino mass
terms YNv/

√
2, hence the mass matrix for (νL, N c) reads in blocks:

Mν =

(
0 Y T

N v/
√
2

YNv/
√
2 MN

)
. (6)

Assuming for the mass eigenvalues MNk of MN that MNk & YNv – which is equivalent to
integrating out the N fields from the Lagrangian, thus recovering the effective operator in
Eq. (4) – one obtains the famous seesaw formula for the mass matrix of the light states that

4

|Cx| [Λ = 1 TeV] Λ (TeV) [|Cx| = 1] CLFV Process

Cµe
eγ 2.1× 10−10 6.8× 104 µ → eγ

Cµµµe,eµµµ
"e 1.8× 10−4 75 µ → eγ [1-loop]

Cµττe,eττµ
"e 1.0× 10−5 312 µ → eγ [1-loop]

Cµe
eγ 4.0× 10−9 1.6× 104 µ → eee

Cµeee
"",ee 2.3× 10−5 207 µ → eee

Cµeee,eeµe
"e 3.3× 10−5 174 µ → eee

Cµe
eγ 5.2× 10−9 1.4× 104 µ−Au → e−Au

Ceµ
"q,"d,ed 1.8× 10−6 745 µ−Au → e−Au
Ceµ
eq 9.2× 10−7 1.0× 103 µ−Au → e−Au

Ceµ
"u,eu 2.0× 10−6 707 µ−Au → e−Au

Cτµ
eγ 2.7× 10−6 610 τ → µγ

Cτe
eγ 2.4× 10−6 650 τ → eγ

Cµτµµ
"",ee 7.8× 10−3 11.3 τ → µµµ

Cµτµµ,µµµτ
"e 1.1× 10−2 9.5 τ → µµµ
Ceτee
"",ee 9.2× 10−3 10.4 τ → eee

Ceτee,eeeτ
"e 1.3× 10−2 8.8 τ → eee

Table 2: Bounds on the coefficients of some of the flavour-violating operators of Table 1 for
Λ = 1 TeV, and corresponding bounds on Λ (in TeV) for |Cx| = 1. Adapted from [?, ?, ?].

No direct effect is induced in the charged lepton sector by such an operator, but flavour
violation is transmitted to charged leptons via a W − ν loop, although at an unobservable
level as we will see below. The situation might change as an effect of the UV completion of
the Weinberg operator. Only three kinds of new fields can generate this operator at the tree
level: (i) fermions that are total singlets under the SM gauge group, usually called RH or
sterile; (ii) scalar SU(2)L triplets with hypercharge Y = 1; (iii) fermion SU(2)L triplets with
Y = 0. These three options – which have been respectively labelled as type I [cite], type II
[cite], and type III [cite] seesaw – are schematically depicted in Fig. 1. In the following, we
will sketch the main features of the three kinds of the seesaw mechanism for what concerns
the CLFV phenomenology.

The Lagrangian of type I seesaw can be written as

L = LSM + iN /∂N −
(
YNN Φ̃†L+

1

2
MNNN c + h.c.

)
, (5)

where Φ̃ ≡ iτ2Φ∗ and family indices are understood. MN is a matrix of Majorana mass terms
for the RH neutrinos (that give the necessary violation of L), whose number should be at
least two (three) in order to give mass to two (three) mostly LH (‘active’) neutrinos. Upon
EW symmetry breaking the Yukawa couplings in YN give raise to Dirac RH-LH neutrino mass
terms YNv/

√
2, hence the mass matrix for (νL, N c) reads in blocks:

Mν =

(
0 Y T

N v/
√
2

YNv/
√
2 MN

)
. (6)

Assuming for the mass eigenvalues MNk of MN that MNk & YNv – which is equivalent to
integrating out the N fields from the Lagrangian, thus recovering the effective operator in
Eq. (4) – one obtains the famous seesaw formula for the mass matrix of the light states that

4

Figure 1: Possible tree-level UV completion of the Weinberg operator of Eq. (4). From
[Abada-etal].

are identified with the active neutrinos:

mν = −v2

2
Y T
NM−1

N YN . (7)

The CLFV effects of the type I seesaw can be easily observed by considering that the
unitary matrix that diagonalises mν – the PMNS matrix U – does not coincide with the
matrix U that appears in the charged current, as an effect of the mixing between LH and RH
neutrinos. In particular, U is not unitary:

U =

(
1− v2

2
Y †
NM−2

N YN

)
U . (8)

Entries of U then appear at the vertices of W −ν loop diagrams inducing the decays "i → "jγ,
such that [cite]:

Γ("i → "jγ)

Γ("i → "jνiν̄j)
=

3αem

32π

∣∣∣
∑

k UikU†
kjF (xk)

∣∣∣
2

(UU†)ii(UU†)jj
, (9)

where xk = m2
νk/M

2
W (with mνk the eigenvalues of mν) and the loop function reads:

F (x) =
10− 43x+ 78x2 − 49x3 + 4x4 + 18x3 lnx

3(x− 1)4
=

10

3
− x+O

(
x2

)
. (10)

From the above equations, one can see that if the RH neutrinos are decoupled, U reduces to
the unitary PMNS U and the constant term in F (xk) does not contribute to Γ("i → "jγ).
As a consequence, one recovers from Eq. (9) the classical expression for the neutrino-induced
CLFV [cite] that is severely suppressed by the small neutrino mass differences: BR("i →
"jγ) ∼ |∆m2

νk/M
2
W |2. This gives for instance BR(µ → eγ) ! 10−54, way below any foreseeable

experimental sensitivity. On the contrary, the effect (encoded in the non-unitarity of U) can
be raised at observable level for low-scale RH neutrinos [cite]. The expression in Eq. (9) does
not give the exact one-loop result, as it does not consider loops involving the RH neutrinos
themselves.1 Still it provides a reliable order-of-magnitude estimate of the rates [cite] and

1Exact expressions – as well as formulae for !i → !j!k!k and µ → e conversion in nuclei – can be found in
[cite].
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Type I seesaw:

Spontaneous breaking of the lepton number:

MN ! YNv
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L-breaking termThe Majoron J arises when the scale MN (which breaks lepton number by two units) is

generated dynamically by the vev of a new SM singlet scalar field σ, with decomposition

σ =
fN + σ̂√

2
eiJ/fN . (6.15)

The right-handed neutrino mass term in (6.13) is replaced by a Yukawa coupling to the

scalar σ with coupling matrix λN , such that MN = λNfN/
√
2. This Yukawa term provides

also the couplings of the Majoron J (and the radial mode σ̂) to right-handed neutrinos.

It is well-known that these couplings induce couplings of J to charged leptons and quarks

at loop-level [21], and complete expressions have been provided in Ref. [23]. Here we are

interested only in the seesaw limit of these general expressions, which we match to our

Lagrangian (1.1) upon identifying a → J, fa → fN . Using the results of Ref. [24], we find

for the resulting couplings

CV
qiqj = 0 , CA

qiqj = − T q
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16π2
δij Tr
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yDy

†
D

)
, (6.16)

CV
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16π2
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ij
, CA

eiej =
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16π2

[
δij
2

Tr
(
yDy

†
D

)
− (yDy

†
D)ij

]
, (6.17)

where T u,d
3 = ±1/2. Note that F V

µe = −FA
µe, so the weaker bound on Fµe applies.

As the Majoron couplings depend on the Dirac Yukawa couplings in a different way

than the light neutrino masses, further model building is needed in order to make predic-

tions for LFV decays to Majorons, similar to LFV decays to photons mediated by heavy

neutrinos. In both cases it is clear that that these effects are negligible in the generic case,

since for Yukawas with a characteristic size |(yD)ij | ∼ y the effective suppression scale

of LFV decays is given by F ∼ fN/C ∼ 16π2fN/y2 ∼ 16π2v2/mν ∼ 1016GeV, which

is far above the sensitivity of present experiments. However, since yDM
−1
N yTD transform

non-trivially under lepton number (in contrast to yDy
†
D), it is clear that light neutrino

masses can be parametrically suppressed in the presence of an approximate generalized

lepton number. Such scenarios, usually referred to as the “TeV Scale See-Saw Mecha-

nism”, have been extensively studied in the literature [25–28], and we simply use these

results of Ref. [28] in the following.

In the simplest setup one considers two right-handed neutrinos N1,2 with a (Dirac)

mass matrix MN and Dirac Yukawa couplings parametrized as

MN =

(
0 M

M 0

)
, yD =




ye1 ye2
yµ1 yµ2
yτ1 yτ2



 . (6.18)

In the limit of e.g. y#1 → 0 for all % = e, µ, τ , the Dirac Yukawas respect the residual U(1)

symmetry MN → PMNP , yD → eiαyDP with P = diag{eiα, e−iα}. Clearly this symmetry

is also respected by yDy
†
D, but not by the light neutrino mass matrix, which transform as

mν → e2iαmν . Working in a basis where the charged lepton matrix is diagonal, we can

adjust the above parameters to reproduce all neutrino observables (2 mass differences + 3

mixing angles). This leaves just two parameters free, which we choose to be M , the mass
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16π2
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YNY †

N

)
,

CV
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1

16π2
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YNY †

N

)
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, CA
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16π2

[
δij
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Tr
(
YNY †
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)
− (YNY †

N )ij

]
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Lepton number anomaly free: suppressed coupling to photons (EUV=0) 

Figure 2. Summary of the bounds and future projections for LFV ALPs. The color coding is the
same as in Fig 1. Left: We set Cµe = 1, while all the other couplings in Eq. (2.1) are set to zero.
For comparison we also show the bound on µ → ea from SN1987A derived in Sec. 6.1 even though
it is subdominant relative to the existing bounds from ground based experiments. Right: The only
nonzero coupling is Cτe = 1. The plot for Cτµ = 1 is similar, and is not displayed for brevity.

where for simplicity we neglected the mass of the final-state lepton. The differential decay

rate reads (in the same m!j = 0 limit)

dΓ(!i → !j a)

d cos θ
=

m3
!i

32πF 2
!i!j

(
1− m2

a

m2
!i

)2 [
1 + 2P!i cos θ

Re(CV
!i!j

CA∗
!i!j

)

|CV
!i!j

|2 + |CA
!i!j

|2

]
, (2.4)

where θ is the angle between the polarization vector, η̂, of the decaying lepton !i and the

momentum of the final state lepton !j , while P!i is the polarization of the decaying leptons.

The convention used for P!i is such that for the phenomenologically most important case of

µ+ → e+a decays we have P!i = η̂ · ẑ, where ẑ is the beam axis. The µ+ are predominantly

polarized antiparallel to the beam direction, thus P!i < 0 and θ is the angle between −ẑ

and the momentum of the positron, cf. Fig. 4 (left).

The total width of the ALP can be computed as a function of its mass by summing

the different partial decay widths

Γtot(ma) = Γ(a → γγ) +
∑

i,j=1,2

Γ(a → !i!j) +
∑

i,j=1,2,3

Γ(a → νiνj) . (2.5)

Since we restricted the ALP mass to ma < mτ , only the decays to photons, neutrinos,

electrons, and possibly muons are kinematically open. The corresponding partial decay

widths are

Γ(a → !i!j) =
ma

2π

[(
m!i −m!j

F V
ij

)2

+

(
m!i +m!j

FA
ij

)2]
√

1−
2(m2

!i
+m2

!j
)

m2
a

, (2.6)

Γ(a → γγ) =
α2
emE

2
eff

64π3

m3
a

f2
a
, (2.7)

that will be testable in future large scale structure surveys [48, 49].
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Figure 3. Graphical representation of the current bounds and future projections for different LFV
couplings of an effectively massless ALP, also reported in Table 1.

due to the derivative ALP couplings decouple in the heavy fermion limit. The anomaly

contribution is encoded in the Wilson coefficient, EUV, and depends on the structure

of the UV model. We use the the following normalization for the effective ALP-photon

Lagrangian 4

Leff = EUV
αem

4π

a

fa
FF̃ , (2.9)

such that for QCD axion EUV = E/2N . For example, in the DFSZ-II model for the

QCD axion [12, 13], in which the charged leptons couple to the same Higgs as the up-

quarks, one has EUV = 1/3. In Sec. 7 below, we give four explicit examples of LFV ALP

models. For these we have EUV = {2/3, 10/9, (10 ÷ 24), 0} for LFV QCD axion, Sec. 7.1,

for LFV axiflavon, Sec. 7.2, for anarchic LFV familon, Sec. 7.3, and for majoron, Sec. 7.4,

respectively. If ALP also couples to quarks and gluons there are additional contributions

to (2.8), both from heavy quarks as well as from pions running in the loop (see Ref. [50]

for complete expressions). From now on we fix EUV = 1, unless specified otherwise, since

its precise value does not affect most of the physics discussed in this paper.

As shown in Fig. 1, we focus in this paper on the region of parameter space where the

ALP is long-lived on detector scales. As we will motivate extensively in Sec. 7 we believe

that this region is theoretically the most appealing. For the discussion of phenomenologi-

cally interesting decay channels in the displaced and prompt regions, we refer the reader to

Refs. [51–53] and to the recent MEG limit on LFV light particles decaying to two photons,

µ → eX, X → γγ [54]. A complementary probe of LFV couplings in the region of heavier

ALP masses is the muonium-antimuonium oscillation, which would be induced by s− and

t− channel exchanges of ALPs with µe − a couplings. While the resulting bounds on fa

4Our conventions are ε0123 = 1 and F̃µν = 1/2 εµνρσF
ρσ.
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Figure 13. Present bounds and future sensitivities on the coupling to electrons FA
ee (in GeV) and

the RH neutrino mass scale M (normalized by the combination of free parameters λy2) vs. the
majoron mass mJ (in eV) for the low-energy seesaw majoron model. On the left of dashed blue
line the the majoron is stable on time scale of our Universe and could account for the DM abundance.
The two dashed gray lines are examples of misalignment production discussed in Sec 6.2. The
gray shaded region is excluded by star cooling bounds on the majoron-electron coupling and
µ+ → e+a bounds. The yellow shaded is excluded by SN1987A. We show in red the future reach
of Mu3e, in purple the reach of Belle II and in light purple the reach of QUAX which requires
the majoron to be DM.

couplings to muons and taus, although they are at the moment of little phenomenological

relevance,

FA
µµ = −2.7× 1011GeV

λy2

(
M

107GeV

)
, FA

ττ =
3.7× 1010GeV

λy2

(
M

107GeV

)
. (7.56)

The coupling to muons is comparatively suppressed due to an accidental cancellation be-

tween the two contributions to CA
µµ in Eq. (7.50).

The majoron also couples to nucleons via its couplings to quarks (7.49). These cou-

plings do not depend on PMNS elements and are given by

FN ≈ 0.88× 1010GeV

λy2

(
M

107GeV

)
. (7.57)

In Fig. 13, we summarize the current status and future prospect of the constraints on

the parameter space of the low-energy seesaw majoron model described above. Besides the

present and future bounds from LFV experiments and the astrophysical limits discussed in

Sec. 6.1 involving the coupling of the majoron to electrons, we display as a yellow-shaded

area the region excluded by SN1987A, according to the study of Ref. [155], due to the

nucleon-majoron coupling of Eq. (7.57).
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PNGBs from non-universal global U(1)s (or due to loop 
effects) give rise to lepton-flavour-violating decays

Very large symmetry-breaking scales can be probed

Future CLFV limits can supersede stellar bounds even for  
small ALP masses and start testing the ALP DM region 

We have huge room for improvement over the old limits

Essential interplay among ", &, and astrophysical bounds

We propose to start with a MEGII-fwd phase of MEG II
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Summary of the model-independent bounds
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FV,A
ij ≡ 2fa

CV,A
ij
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ma ≈ 0Comparison in the case 

Present best limits

Process BR Limit Decay constant Bound (GeV) Experiment

Star cooling – FA
ee 4.6× 109 WDs [44]

– FA
µµ 1.6× 106 SN1987Aµµ [45]

4× 10−3 Fµe 1.4× 108 SN1987Aµe (Sec. 6.1)

µ → e a 2.6× 10−6∗ Fµe (V orA) 4.8× 109 Jodidio at al. [9]

µ → e a 2.5× 10−6∗ Fµe (V +A) 4.9× 109 Jodidio et al. [9]

µ → e a 5.8× 10−5∗ Fµe (V −A) 1.0× 109 TWIST [10]

µ → e a γ 1.1× 10−9∗ Fµe 5.1× 108# Crystal Box [46]

τ → e a 2.7× 10−3∗∗ Fτe 4.3× 106 ARGUS [43]

τ → µa 4.5× 10−3∗∗ Fτµ 3.3× 106 ARGUS [43]

Expected future sensitivities

Process BR Sens. Decay constant Sens. (GeV) Experiment

µ → e a 1.3× 10−6∗ Fµe (V orA) 6.8× 109 MEGII-fwd"

µ → e a 1.3× 10−7∗ Fµe (V orA) 2.1× 1010 MEGII-fwd""

µ → e a 7.3× 10−8∗ Fµe (V orA) 2.9× 1010 Mu3e [42]

τ → e a 8.4× 10−6∗∗ Fτe 7.7× 107 Belle II

τ → µa 1.6× 10−5∗∗ Fτµ 5.6× 107 Belle II

Table 1. The present model independent 95% C.L. best bounds on leptonic ALP couplings FV,A
!!′ ,

Eq. (2.2), are given in the upper part of the Table, with future projections listed in the lower part.
The bounds assume ma below the mass resolution of the experiments considered here (see Fig. 1 for
modifications when ma is sizable). These follow from 90% C.L. (∗) and 95% C.L. (∗∗) bounds on
branching ratios in the 2nd column, rescaled using Poisson statistics when necessary. The MEGII-
fwd projections are obtained for two different sets of assumptions: MEGII-fwd" assumes δxe = 10−2

and 〈Pµ〉−1 = 10−2 with no focusing, while MEGII-fwd"" in contrast sets the focusing to F = 100,
roughly what was achieved in the 1986 experiment by Jodidio et al [9], cf. Sec. 3.2 for details. The
Belle II projection for τ → µa is rescaled from the Belle MC simulation in Ref. [47], while the one
for τ → ea is rescaled directly from the ARGUS result [43]. (#) The Crystal Box bound on Fµe can
vary between (5.1− 8.3)× 108 GeV depending on the assumed positron energy loss, cf. Eq. (4.9).

while the ALP decays to neutrinos are often suppressed, so that in the bulk of the paper we

set Γ(a → νiνj) = 0 (the majoron is an important exception, see Sec. 7.4). The coupling

to photons, Eeff , depends on the UV physics as well as on the IR derivative couplings of

ALP to the SM leptons running in the loop,

Eeff = EUV +
∑

f

CA
f B(τf ), B(τ) = τ arctan2

1√
τ − 1

− 1. (2.8)

Here, τf = 4m2
f/m

2
a− iε, and the summation is over the SM leptons, f = e, µ, τ . Note that

the loop function in (2.8) tends to B(∞) = 0 for heavy fermions, and thus the contributions

– 7 –

La!! =
∂µa

2fa

(
CV

ij "iγµ"j + CA
ij "iγµγ5"j

)
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A search with the Crystal Box detector shows no evidence for the lepton-family-number- 
nonconserving decays p - e y ,  p - e y y ,  or p-eee. The search provides upper limits for the 
branching ratios of r ( p - e y ) / T ( p - e v V ) < 4 . 9 X 1 0 ~ "  (90% C.L.), r ( p - e y y ) / T ( p + e v i s )  
< 7 . 2 ~  1 0 ' '  (90% C.L.), and r ( p + e e e ) / r ( p + e v o i  < 3 . 5 ~  lo- ' '  (90% C.L.). In addition, a limit 
for the emission of a light scalar or pseudoscalar boson in radiative muon decay is given. 

I. INTRODUCTION 

The standard model' of electroweak interactions 
correctly describes the presently available experimental 
data. In this model, the known quarks and leptons are 
divided into three generations or families. However, the 
multiplicity of generations of particles is not understood. 
This paper describes a new search for neutrinoless transi- 
tions from the muon, a second-generation lepton, to the 
electron of the first generation. The observation of such a 
lepton-family-number-nonconserving decay would indi- 
cate a connection between lepton generations and would 
be direct evidence for physics beyond the standard mod- 
el. 

The muon's role in the spectrum of elementary parti- 
cles has been a mystery since its discovery2 in 1936. For 
over a decade the muon was thought to be the quantum 
mediating the strong nuclear force, as predicted by Yu- 
k a ~ a . ~  However, in 1947 an experiment4 using muons 
absorbed in dense materials clearly showed that the muon 
does not interact via the strong force. Subsequent high- 
precision tests of the electromagnetic and weak couplings 
of muons and electrons have found no significant 
differences between these two particles except for their 
masses. 

The normal decay of the muon is to an electron and 
two neutrinos. Neutrinoless decay modes of the muon, 
such as p-e y ,  p-eee, and p-eyy, obey all conserva- 
tion principles associated with space-time symmetries. 
However, none of these decays has been observed. To ex- 
plain this, various lepton-number-conservation laws have 
been proposed. The first such law was introduced by 
Konopinski and Mahmoud5 in 1953, followed by the ad- 
ditive lepton-number-conservation law6 with separate 

lepton-family numbers in 1957, and a third lepton conser- 
vation law7 based on a multiplicative lepton number in 
1961. These conservation laws prohibit the neutrinoless 
decays as well as the process p p Z - e - Z .  The add- 
itive lepton-number-conservation law also prohibits 
muonium-antimuonium conversion and pt -e + ?,vp. 

The latter two lepton-number schemes require separate 
types of neutrinos for the muon and the electron. Pon- 
tecorvo and schwartz8 independently proposed experi- 
ments to reveal their existence. In 1962, an experiment9 
confirmed that there were indeed two different types of 
neutrinos and supported the hypothesis of separate lep- 
ton numbers. wi th  this discovery, interest in-the search 
for neutrinoless decay modes of the muon waned and ex- 
perimentation essentially ended for about 15 years. 

A resurgence of interest in the search for rare muon 
decays occurred in 1977 when rumors circulated that an 
experiment at the Swiss Institute for Nuclear Research 
(SIN) had found a signal for the decay p-ey. This re- 
port underscored the fact that conservation of muon 
number is only empirical and without a fundamental 
basis. The rumors were later refuted, but not until after a 
burst of both theoretical and experimental activity. 
Theorists found that the suppression of the branching ra- 
tios for lepton-family-number-nonconserving decays to 
below the experimental upper limits ( - lop8)  was a natu- 
ral result of the new models. On the experimental side, 
besides the search at SIN (Ref. lo), two other experi- 
ments were quickly assembled to search with improved 
sensitivity for p-ey. One was located at the Tri- 
University Meson Facility (TRIUMF) (Ref. 1 I ) ,  and the 
other experiment was at the Los Alamos Meson Physics 
Facility (LAMPF) (Ref. 12). The results from these ex- 
periments showed no evidence for the decay p-e y  at a 
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Fig. 26. – (a) The Crystal Box experiment set limits on a host of CLFV decays, including
µ+ → e+γ and µ → eee, thanks to its large acceptance and good energy resolution for both
neutral and charged particles. (b) The experiment at LAMPF [268] was the first to couple a
dedicated proton accelerator to calibrate the detector.

(a)                                                                                   (b)

Fig. 27. – The MEGA detector and an example of pair conversion of the photon.

the sensitivity reached by the MEGA experiment was 35 times worse than written in
the proposal, demonstrating how hard is to make progress in this search. The source of
many of the experiment shortcomings was analyzed in depth in [260] and proved to be
very useful in designing the next experiment: MEG.

13.1.1. The MEG experiment. In order to improve upon the previous experiment, MEG
was designed around two concepts: an anti-bottle magnetic field and an innovative liquid
xenon detector, for the positron and photon tracking respectively, as is depicted in fig. 28.
A surface muon beam is moderated and then stopped on a thin polyethylene target at
the center of the magnet. The positron momentum is measured by a set of drift chambers
followed by plastic scintillator timing counters, while the photon energy and direction are
measured in a 800 litre liquid xenon volume viewed by more than 800 photo-multiplier
tubes.

•   Crystal Box 1988
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apparatus and performed an appropriate action if any 
sensor reading fell outside its predefined normal operat- 
ing range. The rms also monitored and controlled the 
high voltages on the drift chamber. An autodialing 
modem was connected to the rms providing phone 
alarms. 

J. Data collection 

There were three major data-taking periods, called I, 
11, and 111. During the first, the instantaneous beam in- 
tensity was - 4 . 9 ~  lo6 y' s- '  with an  average duty fac- 
tor of 6%. The pileup-detection system was not installed 
for this period. During period 11, the instantaneous beam 
intensity was -4.7 X lo6 y +  s- '  with an average duty 
factor of 9%. The pileup-detection system was partially 
installed during this period but was not used in the 
analysis. The pileup-detection system was fully installed 
and utilized during the final data-taking period, which 
had an average duty factor of 6.6%. Runs with different 
instantaneous beam intensities, varying from 4 X  lo6 
y +  s p l  to 9 x 1 0 ~  y +  s-I, were interspersed so rate- 
dependent effects could be studied. 

During data taking there were runs to calibrate the 
plastic-scintillator timing every day, and runs to calibrate 
the NaI(T1) timing twice a week (see Sec. IV B 2). There 
were three energy-calibration periods with the drift 
chamber removed, the liquid-hydrogen target installed, 
and a .rrp beam incident. One such period occurred dur- 
ing the period I, one at the end of period 11, and one mid- 
way through period 111. There were also occasional cali- 
bration runs with a Pu-a-Be source (whenever the beam 
went off for a long time) and special runs (such as runs 
triggered on a pulser and runs triggered on a single pho- 
ton) at  various times. 

A data run took typically two hours to fill a 2400-ft, 
1600-bpi (bits-per-inch) tape with - 35 000 events. Each 
data run was preceded by a short run to establish the 
A D C  pedestals and a flasher run (see Sec. I V A 4 )  for 
NaI(T1) channel gain corrections. A total of 1500 mag- 
netic tapes were used in this experiment; approximately 
half of them contained production muon data. 

111. MONTE CARL0 SIMULATION 
A. Introduction 

A Monte Carlo program was written to simulate the 
response of the detector to many different types of events 
(see Table I). The Monte Carlo program followed only 
electrons, positrons, and photons, as these were the only 
particles that were detected. As described below, care 
was taken to ensure that this program faithfully repro- 
duced the behavior of the detector. The program pro- 
duced an output file that contained pulse heights and 
times for each individual detector element in the same 
format as for actual data; both data and Monte Carlo 
output files were then processed by the same programs. 

B. Event generation 
1. Muon decay 

I t  was assumed that all processes initiated by muon de- 
cays originated with an unpolarized muon decaying in 

TABLE I. Types of events generated with the Monte Carlo 
program. 

Process Trigger 

p + - e + y  e-Y 
p++e+yvC e - y ,  1-y 
P + + ~ + Y Y  e - y - y ,  e - y  

p+-e+e+e-  e  -e -e 
+ + - -  p+-e e  e  YV e  -e -e 

p++e f  vii 1 -e 
p + + e + y f  (f =familon) e-Y 

"O-yy Y - Y ,  1-Y 
.rr-p+ny 1 -Y 

the polystyrene target. A small residual polarization 
would have had a very small effect because the apparatus 
was symmetric about 90". The muon position distribu- 
tion on the target was derived from the intersection of 
the drift-chamber track with the target from data runs 
triggered on single positrons from y' -e ' V V .  

Single positrons from y + - t e ' v ~  were generated ac- 
cording to the Michel d i~t r ibut ion,~ '  F ( x ) = ( 2 x  - x 2 ) x 2 ,  
where x =2P,/mp. The parameter x varies between 0 
and 1. No  radiative corrections were used in the genera- 
tion of these positrons because the resolution of the 
NaI(T1) was large enough to mask this effect and because 
radiated photons tended to enter the same NaI(T1) crys- 
tals as the positron. 

For y + - e t y  the positron and photon each have en- 
ergies approximately equal to one-half of the muon mass 
and are emitted at 180" with respect to each other. The 
energy of each particle in y  ' -e +e +e - was generated 
uniformly over the allowed region of phase space, con- 
sistent with conservation of energy and momentum. The 
final-state particle momentum distributions for 
y + - e + y y  were calculated from a general local interac- 
t i ~ n . ~ '  The resulting form of the distribution is 

where E,, E l ,  and E, are the energies of the positron, the 
higher-energy photon, and the lower-energy photon, re- 
spectively, 8 is the opening angle between the photons, 
and K is a constant. This equation can be rewritten as 

where y =(El  -E2  ) / m ,  and - x  2y g x .  A nonlocal 
interaction, such as a soft photon being emitted from one 
of the external lines from y+-e  + y ,  would have a 
different distribution; however, the expected branching 
ratio would then certainly be lower than that for + p++e y .  

For muon inner bremsstrahlung, y++e + m y ,  a coin- 
cident photon and positron were generated according to 
the distribution given by Fronsdal and ~ b e r a l l . , ~  T o  
reduce the amount of computer time needed for event 
generation, only positrons and photons with energies 
above some threshold were generated; this threshold was 
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FIG. 25. At,,, for events with (a) E + P >  110 MeV and ib) 
E+P < 100 MeV. 

than 10 MeV and E,,, > 45 MeV: for this region of phase 
space, the prediction is B;3evv = 1.18 X The mea- 
sured branching ratio is B;3evv = [ l .  l l k0 .  l l (stat) 20.08 
(syst)]X in agreement with the theoretical predic- 
tion. The largest contribution to the systematic error is 
the uncertainty in the threshold of the individual NaI(T1) 
discriminators: the majority of p f  -+e + e +e -vV events 
had at least one particle depositing less than 10 MeV in 
the NaI(T1). 

The e + y  data were also used to search for light scalar 
or pseudoscalar b o ~ o n s ~ ~ - ~ '  such as familons, axions, and 
Majorons. Such bosons might be produced in the radia- 
tive decay p+-e  + y f ,  where f is any particular such bo- 
son. 

A discussion of the various Lagrangians that could 
generate p f  -e + y f and of the resulting differential dis- 
tributions was given in Ref. 31. Events from p i  -e + y f ,  
with the light boson undetected, are characterized by the 
fact that M:, -0, where M:, is the calculated square of 
the effective mass of the unobserved neutral particle($. 
Events from muon inner bremsstrahlung satisfy M:, 2 0 
while random events have - 1000 < M t f  < 500 M ~ v ~ .  
This is illustrated in Fig. 26. Strictly speaking, the limit 
is applicable to m f  < 2me since heavier bosons would be 
expected to rapidly decay into an e + e  - pair. 

To maximize the sensitivity to p + -e + y f ,  the analysis 
was performed on data set 111, which had the least un- 
detected pileup. The final cuts were relaxed to E,, > 38 
MeV, EeNa1 > 38 MeV, and O,,, > 140". To utilize the 
lower energies, the detection efficiency as a function of 
energy deposited in each NaI(T1) quadrant had to be 

determined and then put into the Monte Carlo program. 
The efficiency was determined by comparing EeNaI from 
out-of-time events, for which the positron comes from 
p+-+e+vT,  with EeNa1 from le  events with no energy 
threshold. Figure 27 illustrates the comparison for the 
top quadrant. 

The number of p +  -+e + y f events in the 20 015 events 
with I At,, 1 < 1.5 ns was estimated with the maximum- 
likelihood method as described above. Here n, (n,, is the 
estimate of the number of p+-e  + y  f ( p + - e + v V y )  
events. The vector x has components M : ~  and At,,,. Fig- 
ure 26 shows the M : ~  distributions for p+-e  + y f ,  
p+-e+vOy,  randoms and for the data events, together 
with the distribution corresponding to the maximum- 
likelihood fit. The difference between the fit and data dis- 
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FIG. 26. The distributions for M : ,  the calculated square of 
the effective mass of the unobserved neutral particlek) for 
events from (a) p-eyf; (b) p-evVy; (c) random events; and 
id) the final data set. (a) and (b) were generated with the Monte 
Carlo program. Also shown in (d) is the sum of p-tevvy and 
random events with the relative normalization determined by 
the best likelihood fit. 
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Past searches: " → e % a

CRYSTAL BOX (1988). Another bound which is even less dependent on the nature

of the PNGB couplings can be obtained requiring an extra photon in the final state [9] (see

also [10]):

BR(µ → e a γ) < 1.1× 10−9 (90% CL) ⇒ Fµe ! 9.8× 108 GeV. (2.4)

This has been obtained as in [11] in the limit of me ≈ 0:

BR(µ → e a γ) ≈ αem

2π
I(xmin, ymin)BR(µ → e a) (2.5)

where the phase space integral is defined as

I(xmin, ymin) =

∫ 1

xmin,ymin

dxdy
(x− 1)(2− xy − y)

y2(1− x− y)
(2.6)

and x = 2Ee/mµ and y = 2Eγ/mµ [11]. xmin and ymin depend on the low energy threshold

of the experiment. For the Cristal Box detector [9] we have

Ee > 38 MeV , Eγ > 38 MeV ⇒ xmin = ymin = 0.72 (2.7)

which gives I(xmin, ymin) ≈ 0.01, such that we obtain numerically:

BR(µ → e a γ) ≈ 1.4× 10−5 × I(xmin, ymin)

10−2
× BR(µ → e a) (2.8)

See also [1] where similar bounds were obtained.

[LC: Crystal Box limit was obtained comparing data with a MC that assumed ma ≈ 0.

Can we do a simple recast to extract limits for ma &= 0?]

2.1.2 Future Searches

MEG-II. Old stuff still to be revised: The luminosity of [9] corresponds to 1.4 ×
1012 stopped muons. More recently the MEG experiment has collected 1.8× 1014 muons,

however the experiments is optimized to improve the bounds on µ → eγ [14]. A dedicated

analysis on electron only event will then be needed to improve the bound from the TRIUMF

experiment. The hiearchion gives a strong physics case to study the feasibility of such an

analysis which was also motivated in [11] in the context of R-parity violating SUSY models.

Quite interestingly, recently MEG started taking data with a polarized muon beam to

measure µ → eνν̄ [15] which is the main background of (2.8). Study better how MEG

works also in view of MEG II

TO DO:

• Compute the differential width to try to estimate the MEG/ MEGII acceptance (the

detector is not hermetic)

• produce lines of sensitivity for γ + e+MET

– 4 –

Analysis for massless familon ma ≈ 0  
(with 1.4×1012 stopped "+ ) yields:

CRYSTAL BOX (1988). Another bound which is even less dependent on the nature

of the PNGB couplings can be obtained requiring an extra photon in the final state [9] (see

also [10]):

BR(µ → e a γ) < 1.1× 10−9 (90% CL) ⇒ Fµe ! 9.8× 108 GeV. (2.4)

This has been obtained as in [11] in the limit of me ≈ 0:

BR(µ → e a γ) ≈ αem

2π
I(xmin, ymin)BR(µ → e a) (2.5)

where the phase space integral is defined as

I(xmin, ymin) =

∫ 1

xmin,ymin

dxdy
(x− 1)(2− xy − y)

y2(1− x− y)
(2.6)

and x = 2Ee/mµ and y = 2Eγ/mµ [11]. xmin and ymin depend on the low energy threshold

of the experiment. For the Cristal Box detector [9] we have

Ee > 38 MeV , Eγ > 38 MeV ⇒ xmin = ymin = 0.72 (2.7)

which gives I(xmin, ymin) ≈ 0.01, such that we obtain numerically:

BR(µ → e a γ) ≈ 1.4× 10−5 × I(xmin, ymin)

10−2
× BR(µ → e a) (2.8)

See also [1] where similar bounds were obtained.

[LC: Crystal Box limit was obtained comparing data with a MC that assumed ma ≈ 0.

Can we do a simple recast to extract limits for ma &= 0?]

2.1.2 Future Searches

MEG-II. Old stuff still to be revised: The luminosity of [9] corresponds to 1.4 ×
1012 stopped muons. More recently the MEG experiment has collected 1.8× 1014 muons,

however the experiments is optimized to improve the bounds on µ → eγ [14]. A dedicated

analysis on electron only event will then be needed to improve the bound from the TRIUMF

experiment. The hiearchion gives a strong physics case to study the feasibility of such an

analysis which was also motivated in [11] in the context of R-parity violating SUSY models.

Quite interestingly, recently MEG started taking data with a polarized muon beam to

measure µ → eνν̄ [15] which is the main background of (2.8). Study better how MEG

works also in view of MEG II

TO DO:

• Compute the differential width to try to estimate the MEG/ MEGII acceptance (the

detector is not hermetic)

• produce lines of sensitivity for γ + e+MET

– 4 –

CRYSTAL BOX (1988). Another bound which is even less dependent on the nature

of the PNGB couplings can be obtained requiring an extra photon in the final state [9] (see

also [10]):

BR(µ → e a γ) < 1.1× 10−9 (90% CL) ⇒ Fµe ! 9.8× 108 GeV. (2.4)

This has been obtained as in [11] in the limit of me ≈ 0:

BR(µ → e a γ) ≈ αem

2π
I(xmin, ymin)BR(µ → e a) (2.5)

where the phase space integral is defined as

I(xmin, ymin) =

∫ 1

xmin,ymin

dxdy
(x− 1)(2− xy − y)

y2(1− x− y)
(2.6)

and x = 2Ee/mµ and y = 2Eγ/mµ [11]. xmin and ymin depend on the low energy threshold

of the experiment. For the Cristal Box detector [9] we have

Ee > 38 MeV , Eγ > 38 MeV ⇒ xmin = ymin = 0.72 (2.7)

which gives I(xmin, ymin) ≈ 0.01, such that we obtain numerically:

BR(µ → e a γ) ≈ 1.4× 10−5 × I(xmin, ymin)

10−2
× BR(µ → e a) (2.8)

See also [1] where similar bounds were obtained.

[LC: Crystal Box limit was obtained comparing data with a MC that assumed ma ≈ 0.

Can we do a simple recast to extract limits for ma &= 0?]

2.1.2 Future Searches

MEG-II. Old stuff still to be revised: The luminosity of [9] corresponds to 1.4 ×
1012 stopped muons. More recently the MEG experiment has collected 1.8× 1014 muons,

however the experiments is optimized to improve the bounds on µ → eγ [14]. A dedicated

analysis on electron only event will then be needed to improve the bound from the TRIUMF

experiment. The hiearchion gives a strong physics case to study the feasibility of such an

analysis which was also motivated in [11] in the context of R-parity violating SUSY models.

Quite interestingly, recently MEG started taking data with a polarized muon beam to

measure µ → eνν̄ [15] which is the main background of (2.8). Study better how MEG

works also in view of MEG II

TO DO:

• Compute the differential width to try to estimate the MEG/ MEGII acceptance (the

detector is not hermetic)

• produce lines of sensitivity for γ + e+MET

– 4 –

CRYSTAL BOX (1988). Another bound which is even less dependent on the nature

of the PNGB couplings can be obtained requiring an extra photon in the final state [9] (see

also [10]):

BR(µ → e a γ) < 1.1× 10−9 (90% CL) ⇒ Fµe ! 9.8× 108 GeV. (2.4)

This has been obtained as in [11] in the limit of me ≈ 0:

BR(µ → e a γ) ≈ αem

2π
I(xmin, ymin)BR(µ → e a) (2.5)

where the phase space integral is defined as

I(xmin, ymin) =

∫ 1

xmin,ymin

dxdy
(x− 1)(2− xy − y)

y2(1− x− y)
(2.6)

and x = 2Ee/mµ and y = 2Eγ/mµ [11]. xmin and ymin depend on the low energy threshold

of the experiment. For the Cristal Box detector [9] we have

Ee > 38 MeV , Eγ > 38 MeV ⇒ xmin = ymin = 0.72 (2.7)

which gives I(xmin, ymin) ≈ 0.01, such that we obtain numerically:

BR(µ → e a γ) ≈ 1.4× 10−5 × I(xmin, ymin)

10−2
× BR(µ → e a) (2.8)

See also [1] where similar bounds were obtained.

[LC: Crystal Box limit was obtained comparing data with a MC that assumed ma ≈ 0.

Can we do a simple recast to extract limits for ma &= 0?]

2.1.2 Future Searches

MEG-II. Old stuff still to be revised: The luminosity of [9] corresponds to 1.4 ×
1012 stopped muons. More recently the MEG experiment has collected 1.8× 1014 muons,

however the experiments is optimized to improve the bounds on µ → eγ [14]. A dedicated

analysis on electron only event will then be needed to improve the bound from the TRIUMF

experiment. The hiearchion gives a strong physics case to study the feasibility of such an

analysis which was also motivated in [11] in the context of R-parity violating SUSY models.

Quite interestingly, recently MEG started taking data with a polarized muon beam to

measure µ → eνν̄ [15] which is the main background of (2.8). Study better how MEG

works also in view of MEG II

TO DO:

• Compute the differential width to try to estimate the MEG/ MEGII acceptance (the

detector is not hermetic)

• produce lines of sensitivity for γ + e+MET

– 4 –

CRYSTAL BOX (1988). Another bound which is even less dependent on the nature

of the PNGB couplings can be obtained requiring an extra photon in the final state [9] (see

also [10]):

BR(µ → e a γ) < 1.1× 10−9 (90% CL) ⇒ Fµe ! 9.8× 108 GeV. (2.4)

This has been obtained as in [11] in the limit of me ≈ 0:

BR(µ → e a γ) ≈ αem

2π
I(xmin, ymin)BR(µ → e a) (2.5)

where the phase space integral is defined as

I(xmin, ymin) =

∫ 1

xmin,ymin

dxdy
(x− 1)(2− xy − y)

y2(1− x− y)
(2.6)

and x = 2Ee/mµ and y = 2Eγ/mµ [11]. xmin and ymin depend on the low energy threshold

of the experiment. For the Cristal Box detector [9] we have

Ee > 38 MeV , Eγ > 38 MeV ⇒ xmin = ymin = 0.72 (2.7)

which gives I(xmin, ymin) ≈ 0.01, such that we obtain numerically:

BR(µ → e a γ) ≈ 1.4× 10−5 × I(xmin, ymin)

10−2
× BR(µ → e a) (2.8)

See also [1] where similar bounds were obtained.

[LC: Crystal Box limit was obtained comparing data with a MC that assumed ma ≈ 0.

Can we do a simple recast to extract limits for ma &= 0?]

2.1.2 Future Searches

MEG-II. Old stuff still to be revised: The luminosity of [9] corresponds to 1.4 ×
1012 stopped muons. More recently the MEG experiment has collected 1.8× 1014 muons,

however the experiments is optimized to improve the bounds on µ → eγ [14]. A dedicated

analysis on electron only event will then be needed to improve the bound from the TRIUMF

experiment. The hiearchion gives a strong physics case to study the feasibility of such an

analysis which was also motivated in [11] in the context of R-parity violating SUSY models.

Quite interestingly, recently MEG started taking data with a polarized muon beam to

measure µ → eνν̄ [15] which is the main background of (2.8). Study better how MEG

works also in view of MEG II

TO DO:

• Compute the differential width to try to estimate the MEG/ MEGII acceptance (the

detector is not hermetic)

• produce lines of sensitivity for γ + e+MET

– 4 –

Crystal Box energy thresholds:

Hirsch et al. ‘09

weaker but independent  
of V/A nature of the couplings

•   Crystal Box 1988

⇒ Feµ > (5.1− 8.3)× 108 GeV

<latexit sha1_base64="skKLa5Bndl2p6YkqooYTwuDZijg="></latexit>

improvements in the reach were a similar search to be implemented at MEG II. A more

detailed analysis of a dedicated trigger at MEG II for this channel is left for future work.

4.1 Past Searches at Crystal Box

In order to lower the trigger rate the Crystal Box required at the trigger level a hard positron

and a photon of similar energy [46, 72]. The search for the three-body µ+ → e+γa decay

is then a search for a bump in the missing mass distribution in the collected data. The

signal would be centered at mmiss = m2
a and spread by the photon and positron energy

resolutions and the resolution on the angle between the two. The SM background has two

main components: the four-body µ+ → e+γνν̄ decays, and the combinatorics background

due to coincident µ+ → e+νν̄ and µ+ → e+γνν̄ events. For the latter, a sufficiently hard

positron from the µ+ → e+νν̄ decay is detected within a 1.5 ns time window together with

a hard photon from the µ+ → e+γνν̄ decay, while the soft positron is left undetected. The

background and signal shapes at Crystal Box are shown in Fig. 7 (left).

The rate of the three-body decay Γ(µ → e a γ) for an ALP of mass ma is given by (in

the limit me " mµ)

Γ(µ → e a γ) ≈ αem

32π2

m3
µ

F 2
µe
I(xmin, ymin, ηa) , (4.1)

with the phase space integral given by

I(xmin, ymin, ηa) =

∫ 1−ηa

ymin

dy

∫ 1−y−ηa
1−y

max(xmin,1−y−ηa)
dx

y(1− x2 − η2a)− 2(1− ηa)(1− x− ηa)

y2(1− x− y − ηa)
, (4.2)

where

x = 2Ee/mµ, y = 2Eγ/mµ, ηa = m2
a/m

2
µ. (4.3)

These kinematic variables are related to the angle θeγ between the electron and photon

momenta,

cos θeγ = 1 +
2(1− x− y − ηa)

xy
. (4.4)

The branching ratio for the three-body decay, BR(µ → e a γ), is related to the branching

ratio for the 2-body decay, BR(µ → e a),

BR(µ → e a γ) ≈ αem

2π(1− ηa)2
I(xmin, ymin, ηa)BR(µ → e a) . (4.5)

where in the expressions for both BR(µ → e a γ) and BR(µ → e a) the mass of electron

should be neglected.

The infrared and collinear divergences (we are working in the limit me → 0) are

regulated by the experimental cuts on photon and positron energies xmin, ymin. The exper-

imental cuts in the Cristal Box search were [46]

Ee > 38− 43 MeV , Eγ > 38 MeV ⇒ xmin = 0.72− 0.81 , ymin = 0.72 . (4.6)
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• Prospect at MEG II for " → e a %

Search sensitive to V-A couplings too, requires a dedicated trigger:

7

scheme as S/
√

B + η2sys(B + S)2. The contours of S/B
in Fig. 4 indicate that the parameter ηsys should be kept
below 0.1% in order for systematics uncertainties to be
negligible. This assumption can again only be validated
by the MEG collaboration.

IV. DISCUSSION
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FIG. 5. ALP parameter space as a function of the decay
constant fa and the mass ma, assuming Ce = CV −A

eµ = 1
and EUV = 0. The dark red line is the present TWIST
bound [16], while the purple bands correspond the projec-
tions for the MEG II-ALP dedicated run shown in Fig. 1.
The solid/dashed line corresponds to 1 month/1 year of data
taking. The dashed orange line shows the (speculative) pro-
jection for a Mu3e online analysis of µ+ → e+a data [27]. The
shaded grey regions show existing bounds from white dwarf
(WD) and red giants (RG) cooling [28–30], X rays searches
of γ lines from decaying DM [31, 32], absorption in direct
detection experiments [33, 34], and existing resonant cavi-
ties [35–37] for EUV = 1. The dashed grey line show the
bound on decaying DM from diffuse extra-galactic light obser-
vations [38] if EUV = 1 (the arrow points towards the excluded
region). In the dark orange blob ALP DM can explain the
Xenon1T excess in electron recoils [39–41], while in the dark
green region the solar basin can fit the same excess [42].

The experimental program for rare muon decays has
primarily focused on well motivated but very specific
LFV final states such as µ+ → e+γ and µ+ → e+e−e−,
with no (or very little) missing energy. These final states
are very interesting tests of heavy new physics generat-
ing LFV operators of dimension six in the SM and can
explore the flavor structure at the multi-TeV scale, for
instance in supersymmetric or composite Higgs models
(see for example Ref. [43]). They are however by design
insensitive to signatures of low energy remnants of high
scale LFV, such as light LFV axions.

The implementation of new trigger strategies can ad-
dress this blind spot, by directly targeting events con-
taining missing energy. These searches would enlarge the
physics case of the muon experimental program in a com-

pletely orthogonal direction by testing dimension five op-
erators with new, light long-lived particles that are very
weakly coupled to the SM. In this context, rare muon de-
cays can test scales as high as 1010 GeV and probe non-
trivial embeddings of the Peccei-Quinn symmetry inside
the SM flavor group, as well as spontaneously broken
lepton flavor symmetries more generally.
An example in this direction is the online trigger strat-

egy for µ+ → e+a at the Mu3e experiment proposed in
Ref. [27], or the MEG II-fwd proposal put forward in
Ref. [8]. Both these proposals are complementary to the
one explored here, because they are expected to have lim-
ited sensitivity for a left-handed massless ALP: In par-
ticular, the whole MEG II-fwd proposal ceases to be ad-
vantageous because the signal acceptance of left-handed
ALPs is tiny in the forward region. The proposed search
for Mu3e (orange dashed line in Fig. 5) on the other
hand faces severe challenges related to systematics uncer-
tainties in hunting for a bump on top of the Michel end
point. (This region is typically assumed to be signal-free
and used for experimental calibration.) In addition, the
MEG II experiment is already commissioned and should
be able to perform the measurement on a shorter time
scale than Mu3e. In the same spirit, we show in Ap-
pendix C the reach of our proposal on right-handed and
vectorial/axial ALP couplings. With 1 year of data tak-
ing MEG II can sensibly do better than the current best
bound from the experiment performed by Jodidio et al.
in 1986 [44] and set a bound which is only slightly weaker
than the projections of Mu3e and MEG II-fwd.
In Fig. 5 we show the impact of our projections in the

ALP parameter space, assuming the flavor diagonal (FD)
couplings to electrons

LFD
eff ⊃ Ce

∂µa

2fa
ēγµγ5e+ h.c. , (12)

are of the same order of the LFV coupling.5 The coupling
to photons

Lγγ
eff =

Eeff

fa

α

8π
aF F̃ (13)

is controlled by Eeff = EUV + CeB(τe), where EUV is
the electromagnetic anomaly coefficient in the ultraviolet
theory and B(τ) = τ arctan2(1/

√
τ − 1) − 1 with τe =

4m2
e/m

2
a − iε is the IR contribution from the electron

threshold. We see that a MEG II-ALP dedicated run
can probe new parameter space beyond the stellar cooling
constraints already with 1 month of running.
A particularly interesting model is the photophobic

ALP with EUV = 0, which can be the DM with a mass
ma % 2 − 3 keV and explain the recent XENON1T ex-
cess in electron recoils [39–41], without being in tension

5 The ∂µa ēγµe vanishes due to current conservation, up to a con-
tribution to the SU(2)L anomaly.

Jho Knapen Redigolo ‘22
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in order to ensure good momentum resolution and trigger 
conditions. 

The following restrictions were made to reduce the two 
photon and QED backgrounds to a negligible level. We ap- 
plied a cut on a relation between the transverse momentum 
balance and the total visible momentum of the charged par- 
ticles [8] 
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where pm~ is the transverse momentum of the i-th particle. 
The shower energy of  all charged particles on the three- 
prong side released in the calorimeter was limited to 3.5 
GeV. On the three-prong side the cosine of  the angle be- 
tween oppositely charged particles was required to be less 
than 0.992. To decrease the qq contamination we allowed no 
more than two photons on the 3-prong side. 

In a second selection stage we applied cuts specific to the 
decay channels m -+ euF  and m --~ #uF correspondingly. 

Electrons were required to have momenta greater than 
400 MeV/c. In this region the detection efficiency is about 
90% and the pion fake rate is 0.5% [4]. The polar angle 0~i~ 
of the missing momentum was restricted by the requirement 
%- cos(0~is)  _> - 0 . 9 ,  where qe is the charge of the detected 
electron (positron). We have allowed no more than one pho- 
ton on the one prong side. The photon energy was limited 
to 300 MeV. The electron sample consisted of 5055 events 
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with 25 and 17 events resulting from qq contamination and 
pion misidentification, respectively. 

For the muon sample the selection procedure depended 
on the lepton momentum. Muon candidates with laboratory 
momentum Pl~b > 1.5 G e V / c  were required to have hit at 
least one chamber of the outer layer. In this case the detec- 
tion efficiency is about 85% and pion fake rate is 2.5%. To 
suppress the r -+ euF decay contribution the electron like- 
lihood ratio of the charged track was required to be less than 
0.5. In order to suppress background from r --+ pu~ we re- 
quired that no photons be present on the one-prong side and 
that the shower energy associated with the charged track be 
less than 0.5 GeV. The use of the r pseudo rest frame method 
enables the separation of  muons from the background at lab- 
oratory momenta Plab below 1.5 GeV/c, where identification 
strategies based on muon penetration through absorber do 
not work. The backgrounds in this momentum range are 
mainly due to one-prong r decays into hadrons. A major 
fraction of two-body  hadronic r decays peaks in the high 
momentum region in the r pseudo rest frame. This com- 
ponent was rejected by requiring Pv~ < 0.6 GeV/c .  The 
number of  events for each part of the muon spectrum is pre- 
sented in Table 2. The efficiency corrected and background 
subtracted spectra of electrons and muons in the r pseudo 
rest frame are shown in Fig. 2 and 3. 

The background contributions from the r decays and 
the acceptance for the investigated r decays were estimated 
from Monte Carlo using the KORALB/TAUOLA generator, 
the ARGUS detector simulation and subsequent event recon- 
struction [10-13]. The r decays into a lepton and an unob- 
servable particle c~ were generated according to the available 
phase space. 

The efficiency corrected experimental spectra were fit to 
a sum of the theoretical expectations for 3 -  and 2 -body  r 
decays for different masses of o~. We have found no excess 
expected for the r---+ gc~ decays in the whole kinemati- 
cally allowed region of c~ mass. The upper limits on the 
ratio of the branching fraction of the decay m --+ gc~ to de- 
cay r ---+ guF were obtained by a least squares method as 
a function of c~ mass. In Fig. 4 the results are presented 
in terms of  the ratio of the branching fraction of 2 -body  
decay m ---+ gc~ to the branching fraction of 3 -body  decay 
T --~ ~ / J ~  . 

In summary, a detailed study of the lepton momen- 
tum spectra for r decays into a lepton and an unobserv- 

Mu3e. Recently, a preliminary study of the sensitivity of the Mu3e experiment on our

mode has been published in [12] based on a simulation of the phase I of the experiment

(corresponding to 2.6 × 1015 stopped µ+). Mu3e is designed to measure the µ → eee

decay and is going to record only candidate events for this mode. Nevertheless, Ref. [12]

proposes a search for the µ → e a line on top of the ordinary Michel spectrum “performed

on momentum histograms derived from online reconstruction”. Since, measurements of the

µ → eνν̄ edge are employed for absolute momentum calibration, this search is expected to

partially lose sensitivity in the case ma ≈ 0 we are considering here. The expected bound

is however orders of magnitude better than the present ones discussed above [12]:

Mu3e-I prospect: BR(µ → e a) < 7× 10−8 ⇒ Fµe ! 3.3× 1010 GeV. (2.9)

Furthermore, alternative momentum calibration techniques are contemplated that could

allow to reach the following ‘optimal’ sensitivity [12]:

Mu3e-I prospect (optimal): BR(µ → e a) < 10−8 ⇒ Fµe ! 8.8× 1010 GeV. (2.10)

COMET/Mu2e. Mention the (not very exciting) prospects discussed in [13], but for

ma = 0 only. Can we extend that discussion?

2.2 Bounds from Tau Decays

2.2.1 Past Searches

ARGUS (1995). Other bounds on our PNGBs flavour-violating couplings can be de-

rived from tau decays into lighter SM leptons accompanied by missing energy. The domi-

nant SM background for this kind of final states are the ordinary leptonic three-body tau

decays Γ(τ → #i νν̄). A dedicated analysis was performed by the ARGUS experiment at

DESY [16]:

BR(τ → e a) < 2.7× 10−3 (95% CL) ⇒ Fτe ! 4.3× 106 GeV , (2.11)

BR(τ → µa) < 4.5× 10−3 (95% CL) ⇒ Fτµ ! 3.3× 106 GeV . (2.12)

Also these bounds agree with [1].

2.2.2 Future Searches

Belle and Belle-II. The analysis presented in [16] was based on an integrated luminosity

of 472 pb−1. Improvements on these bounds can certainly be obtained by Belle and Babar

by using their ≈ 2000 times larger dataset of τ ’s. Indeed, according to a recent simulation

[18], the expected limit that can be obtained with the integrated luminosity of 1020 pb−1

collected by the Belle experiment is

Belle (1/ab) prospect: BR(τ → µa) < 1.1× 10−4 ⇒ Fτµ ! 2.1× 107 GeV. (2.13)

At Belle II up to O(1011) τ ’s are expected to be produced pushing the above limits to the

following values:

Belle-II (50/ab) prospect: BR(τ → µa) < 1.4× 10−5 ⇒ Fτµ ! 5.9× 107 GeV, (2.14)
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With 472 pb-1:

□ & → ea 
■ & → "a
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Figure 3: Upper limits of τ → µX at 90% C.L. depending on mass of
X.

charged pions for tag side events for well approximation
mentioned in section 4.1.

To improve this we select events which have a smaller
angle between τ and the hadronic system direction in
the tag side since this angle can be calculated from the
following formulae. On the tag side τ at the center-of-
mass frame,

pτ − ph = pν, (1)

where pτ, ph and pν are 4 momentum of τ, hadron sys-
tem and ντ. Squaring both sides,

(pτ − ph)2 = (pν)2, (2)

and they can represented by energy, 3 momentum and
mass (Eτ, Eh, −→pτ, −→ph and mν) as follows,

(Eτ − Eh)2 − |−→pτ − −→ph|2 = mν # 0. (3)

Although −→pν cannot be measured directly, |−→pν| is calcu-
lated from the first term of the left-hand side in (3) as
follows,

(Eτ − Eh)2 = (
1
2

mΥ(4S) −
√

m2
h + |−→ph|2)2 = |pν|2.(4)

This suggests |−→ph| and |−→pν| are observable values. Then
the angle between τ and the hadronic system (θτh) cal-
culated from the second term of the left-hand side in (3)
and (4) as follows,

|−→pτ − −→ph| = |−→pτ|2 + |−→ph|2 − 2|−→pτ||−→ph| cos θτh (5)

cos θτh =
|−→pτ|2 + |−→ph|2 − |−→pν|2

2|−→pτ||−→ph|
. (6)

This suggests that not only events including a heavy
hadronic system but also events with a light hadron such
as τ− → π−ν.

Our plan is to compare the statistics and sensitivity
with the previous method and new method with events
which have smaller θτh.

5. Summary

To explain the 3 − 4σ discrepancy in aexp
µ − aSM

µ of
the muon anomalous magnetic moment, light Z′ boson
with mass below 1 GeV in Lµ − Lτ model considering
neutrino trident production is suitable. To discover this
Z′ boson, we are searching for τ → lX decay with the
Belle 1 ab−1 sample.

We report MC study for estimation the sensitivities
and upper limits at 90% C.L. for mX = 0.1−1.6 GeV/c2.
The maximum of sensitivity is 2.12 at 1.6 GeV/c2 and
upper limits are lower than the previous result by a fac-
tor of 20.

A more precise approximation of the τ flight direction
is needed to improve sensitivity at low mass of X.

References

[1] J. Heeck, Phys. Lett., B 758, 101(2016).
[2] W. Altmanshofer, S. Gori, M. Pospelov, and I. Yavin, Phys. Rev.

Lett., 113 (2014).
[3] ARGUS Collaboration, H. Alberecht et al., Z. Phys., C 68 25-28

(1995).
[4] Belle Collaboration, A. Abashian et al., Nucl. Instrum. Meth., A

479, (2002) 117.

T. Yoshinobu, K. Hayasaka / Nuclear and Particle Physics Proceedings 287–288 (2017) 218–220220

τ → µa
<latexit sha1_base64="hjlYaxL5LUMsKmrET3P24rcFqdY=">AAAB9HicbVDLSgNBEJz1GeMr6tHLYBA8hV0R9Bj04jGCeUB2Cb2T2WTIzOw6j0BY8h1ePCji1Y/x5t84SfagiQUNRVU33V1xxpk2vv/tra1vbG5tl3bKu3v7B4eVo+OWTq0itElSnqpODJpyJmnTMMNpJ1MURMxpOx7dzfz2mCrNUvloJhmNBAwkSxgB46QoNGBDk+JQWAy9StWv+XPgVRIUpIoKNHqVr7CfEiuoNISD1t3Az0yUgzKMcDoth1bTDMgIBrTrqARBdZTPj57ic6f0cZIqV9Lgufp7Igeh9UTErlOAGeplbyb+53WtSW6inMnMGirJYlFiOXZvzhLAfaYoMXziCBDF3K2YDEEBMS6nsgshWH55lbQua4FfCx6uqvXbIo4SOkVn6AIF6BrV0T1qoCYi6Ak9o1f05o29F+/d+1i0rnnFzAn6A+/zB0NekcA=</latexit><latexit sha1_base64="hjlYaxL5LUMsKmrET3P24rcFqdY=">AAAB9HicbVDLSgNBEJz1GeMr6tHLYBA8hV0R9Bj04jGCeUB2Cb2T2WTIzOw6j0BY8h1ePCji1Y/x5t84SfagiQUNRVU33V1xxpk2vv/tra1vbG5tl3bKu3v7B4eVo+OWTq0itElSnqpODJpyJmnTMMNpJ1MURMxpOx7dzfz2mCrNUvloJhmNBAwkSxgB46QoNGBDk+JQWAy9StWv+XPgVRIUpIoKNHqVr7CfEiuoNISD1t3Az0yUgzKMcDoth1bTDMgIBrTrqARBdZTPj57ic6f0cZIqV9Lgufp7Igeh9UTErlOAGeplbyb+53WtSW6inMnMGirJYlFiOXZvzhLAfaYoMXziCBDF3K2YDEEBMS6nsgshWH55lbQua4FfCx6uqvXbIo4SOkVn6AIF6BrV0T1qoCYi6Ak9o1f05o29F+/d+1i0rnnFzAn6A+/zB0NekcA=</latexit><latexit sha1_base64="hjlYaxL5LUMsKmrET3P24rcFqdY=">AAAB9HicbVDLSgNBEJz1GeMr6tHLYBA8hV0R9Bj04jGCeUB2Cb2T2WTIzOw6j0BY8h1ePCji1Y/x5t84SfagiQUNRVU33V1xxpk2vv/tra1vbG5tl3bKu3v7B4eVo+OWTq0itElSnqpODJpyJmnTMMNpJ1MURMxpOx7dzfz2mCrNUvloJhmNBAwkSxgB46QoNGBDk+JQWAy9StWv+XPgVRIUpIoKNHqVr7CfEiuoNISD1t3Az0yUgzKMcDoth1bTDMgIBrTrqARBdZTPj57ic6f0cZIqV9Lgufp7Igeh9UTErlOAGeplbyb+53WtSW6inMnMGirJYlFiOXZvzhLAfaYoMXziCBDF3K2YDEEBMS6nsgshWH55lbQua4FfCx6uqvXbIo4SOkVn6AIF6BrV0T1qoCYi6Ak9o1f05o29F+/d+1i0rnnFzAn6A+/zB0NekcA=</latexit><latexit sha1_base64="hjlYaxL5LUMsKmrET3P24rcFqdY=">AAAB9HicbVDLSgNBEJz1GeMr6tHLYBA8hV0R9Bj04jGCeUB2Cb2T2WTIzOw6j0BY8h1ePCji1Y/x5t84SfagiQUNRVU33V1xxpk2vv/tra1vbG5tl3bKu3v7B4eVo+OWTq0itElSnqpODJpyJmnTMMNpJ1MURMxpOx7dzfz2mCrNUvloJhmNBAwkSxgB46QoNGBDk+JQWAy9StWv+XPgVRIUpIoKNHqVr7CfEiuoNISD1t3Az0yUgzKMcDoth1bTDMgIBrTrqARBdZTPj57ic6f0cZIqV9Lgufp7Igeh9UTErlOAGeplbyb+53WtSW6inMnMGirJYlFiOXZvzhLAfaYoMXziCBDF3K2YDEEBMS6nsgshWH55lbQua4FfCx6uqvXbIo4SOkVn6AIF6BrV0T1qoCYi6Ak9o1f05o29F+/d+1i0rnnFzAn6A+/zB0NekcA=</latexit>

1/ab

 [GeV]µp
0 0.5 1 1.5 2

N 
/ 1

0M
eV

/c

0

500

1000

1500

2000

 rest frameτ| in pseudo µMC: |p

Figure 1: Monte Carlo prediction for the muon momentum distribu-
tion from the decay τ → µνν, τ → µX with mX = 0.1 GeV/c2 (shad-
owed histogram) and τ → µX with mX = 1.4 GeV/c2 (hatched his-
togram) in the pseudo τ rest frame. For display purposes the branching
fractions of τ→ µX is set to B(τ→ µX)/B(τ→ µνν) " 0.005.

mass of X which is shown in shadowed and hatched his-
tograms in Fig. 1. On the other hand the lepton momen-
tum of three-body SM Michel decay has wide continu-
ous distribution.

To evaluate the lepton momentum, we need to know
the τ flight direction. This cannot be directly measured
by the Belle detector. However, we can well approxi-
mate the τ direction with events which decay into three
charged pions and one neutrino for tag side events since
a heavy hadronic system tends to fly at almost the same
direction as τ. Since the magnitude of τmomentum can
be calculated from the beam energy and τ pair produc-
tion is back-to-back in the CM frame, we are able to
know a ’pseudomomentum’ of the τ and the lepton mo-
mentum is Lorentz boosted to the ’pseudo τ rest frame.’

4. MC study

The sensitivity and upper limits of τ → µX signals
for integrated luminosity at Belle which was 1 ab−1 are
estimated with Monte Carlo samples as follows.

4.1. Event selection
At first we select the τ+τ− pair events. The selected

events are divided into two hemispheres along the thrust
axis in the CM frame; one hemisphere must contain
one charged track, which passes lepton identification,
which is called a signal side, and another must have
three charged tracks, which is called a tag side. This
selection applies for a 2M signal MC sample and a 45M
generic MC sample.

The ratio of signal side background and tag side
events is shown in Table 1.

Table 1: The ratio of signal side background and tag side events. Main
background on signal side is τ− → µ−νν and three charged tracks
events are mainly τ− → π−π+π−ν.

Signal-side BG ratio tag side events ratio
τ− → µ−νν 97.60% τ− → π−π+π−ν 88.60%
τ− → π−ν 1.84% τ− → K−π+π−ν 3.40%
τ− → π−π0ν 0.20% τ− → π−π+π−π0ν 2.87%
τ− → K−ν 0.19% τ− → π−π0ν 1.74%
τ− → K∗ν 0.06% τ− → K−π+K−ν 1.36%
τ− → π−π0π0ν 0.06% τ− → K∗ν 0.87%
other τ decay 0.05% other τ decay 1.16%
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Figure 2: Sensitivities of τ→ µX signal depending mass of X.

4.2. Expected sensitivity and upper limit

The region in ±3σwidth of the muon momentum dis-
tribution of τ → µX in pseudo τ rest frame fitted by
gaussian distribution is defined as a signal region for
0−1.6 GeV/c2 mass of X. The number of signal Nsig and
background NBG in this region corresponding to 1ab−1 is
estimated with signal MC and generic MC respectively
with same selection criteria mentioned above. With
these numbers we estimate sensitivity with Nsig/NBG
and upper limits at 90% C.L. for 0.1− 1.6 GeV/c2 mass
of X shown in Fig. 2 and Fig. 3 respectively. For calcula-
tion we suppose expected branching fraction of τ→ µX
is set to 5.0 × 10−3 × 1/

√
2000 since upper limit set by

ARGUS were almost 5.0 × 10−3 and Belle statistics are
about 2000 times larger than ARGUS one. From this
result the upper limit will be improved at least factor of
20 with Belle statistics.

4.3. Discussion

The signal sensitivities with lower mass of X are
lower than those with heavier than 1 GeV/c2 mass of X
since their distributions are broadly distributed as shown
in Fig. 1. It causes that the τ direction is approxi-
mated with the pseudo τ flight direction. We select three
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Simulation of S and B and limit that can be set using the Belle data set (1/ab):

Estimated by rescaling as 

ma ≈ 0 : 

√
L

<latexit sha1_base64="Jq2aH9H1IM5GTH1U/CLEUAmvj5U=">AAAB+3icbVDLSsNAFL3xWesr1qWbwSK4KkkVdFl048JFBfuAJpTJdNoOnUzizEQsIb/ixoUibv0Rd/6NkzYLbT0wcDjnXu6ZE8ScKe0439bK6tr6xmZpq7y9s7u3bx9U2ipKJKEtEvFIdgOsKGeCtjTTnHZjSXEYcNoJJte533mkUrFI3OtpTP0QjwQbMoK1kfp2xVMPUqdeiPWYYJ7eZlnfrjo1Zwa0TNyCVKFAs29/eYOIJCEVmnCsVM91Yu2nWGpGOM3KXqJojMkEj2jPUIFDqvx0lj1DJ0YZoGEkzRMazdTfGykOlZqGgZnMM6pFLxf/83qJHl76KRNxoqkg80PDhCMdobwINGCSEs2nhmAimcmKyBhLTLSpq2xKcBe/vEza9Zp7VqvfnVcbV0UdJTiCYzgFFy6gATfQhBYQeIJneIU3K7NerHfrYz66YhU7h/AH1ucP4XKU+w==</latexit>

5.2 Future Searches at Belle-II

Belle and Belle-II. While Belle and Babar collected ≈ 2000 times larger datasets of

τ ’s than ARGUS, no experimental searches for τ → "ia were performed yet. However, a

recent simulation of the expected limit at the Belle experiment with integrated luminosity

of 1020 pb−1 was performed in Ref. [47], and obtained for a massless ALP

Belle (1/ab) prospect: BR(τ → µa) < 1.1× 10−4 ⇒ Fτµ ! 2.1× 107 GeV . (5.3)

Notice that this bound is almost exactly a factor of
√
2000 more stringent than the present

one from ARGUS, Eq. (5.2). Using the same simple rescaling with the luminosity gives for

the expected limit for a massless ALP at Belle II with 50 ab−1,

Belle-II (50/ab) prospect: BR(τ → µa) < 1.4× 10−5 ⇒ Fτµ ! 5.6× 107 GeV. (5.4)

The limit as a function of ALP mass is shown with the purple line in Fig. 1. In the absence

of MC analysis of Belle or Belle II reach for τ → ea, we estimate the Belle II sensitivity by

performing the naive rescaling of the ARGUS result with luminosity, which gives

Belle-II (50/ab) prospect: BR(τ → e a) < 8.4× 10−6 ⇒ Fτe ! 7.7× 107 GeV . (5.5)

Belle II may improve the ARGUS searches for τ → ea and τ → µa transitions beyond

mere increase in statistics. First of all, it could be interesting to explore the reach on

BR(τ → µa γ) and BR(τ → e a γ), especially since for muons µ → eaγ gives constraints

that are not that far from the two-body µ → ea decay (see [75] for similar comments in

the context of a light Z ′). Secondly, further improvements of τ → "ia searches may be

possible. A possibly interesting direction, while still using the tau “pseudo-rest frame”,

is to employ in addition variables that tag the tau polarization, such as the directions of

pions in two prong tau decays. If successful, this could allow to further suppress the SM

τ → "i νν̄ background, similarly to what was done for µ → ea decays in the experiment by

Jodidio et al. [9].

6 Bounds from Astrophysics and Cosmology

The bounds on ALP couplings from the astrophysical observations and from cosmology fall

into two categories, depending on whether the ALP is assumed to constitute the observed

DM relic abundance or not. In Section 6.1 we first discuss the constraints from stellar

cooling, which do not depend on whether or not ALP is the DM. In Sec. 6.2 we then

explore in which parts of the parameter space the LFV ALP could explain the observed

DM abundance.

6.1 Bounds from stellar cooling

The emission of light particles inside stars can alter stellar evolution to an extent that

is in conflict with observations. This leads to powerful constraints on the interactions of

such light particles with matter and radiation [76]. Our primary interest here are the ALP
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into a three prong hadronic mode. The direction of the τ momentum is then approximated

by the direction of the combined momentum of the three prong decay products. In the

center of mass of e+e− collision the tau energy equals the beam energy, while the two taus

are back to back. This gives enough constraints so that one can boost the leptonically

decaying tau to its, approximate “pseudo-rest frame”. The crucial property of this frame

is that the sensitivity on LFV two body tau decays into ALPs does not depend much on

the ALP mass (see [43] for further details).

For a massless ALP ARGUS obtained [43]

BR(τ → e a) < 2.7× 10−3 (95% C.L.) ⇒ Fτe ! 4.3× 106 GeV , (5.1)

BR(τ → µa) < 4.5× 10−3 (95% C.L.) ⇒ Fτµ ! 3.3× 106 GeV . (5.2)

The bound on BR(τ → µa) is less stringent than BR(τ → e a) at low masses while they

become comparable for higher masses. The final bound on the ALP decay constant from

BR(τ → ea) is shown in Fig. 1. The mass dependence of the bound is predominantly due

to the phase space suppression of the two-body decay for heavier ALPs.

5.2 Future Searches at Belle-II

Belle and Belle-II. While Belle and Babar collected ≈ 2000 times larger datasets of

τ ’s than ARGUS, no experimental searches for τ → "ia were performed yet. However, a

recent simulation of the expected limit at the Belle experiment with integrated luminosity

of 1020 fb−1 was performed in Ref. [48], and obtained for a massless ALP at 90% CL)

Belle (1/ab) prospect: BR(τ → µa) < 1.1× 10−4 ⇒ Fτµ ! 2.1× 107 GeV . (5.3)

Notice that this bound is almost exactly a factor of
√
2000 more stringent than the present

one from ARGUS, Eq. (5.2). Using the same simple rescaling with the luminosity, we

obtain for the expected 95% CL limit for a massless ALP for Belle II with 50 ab−1,

Belle-II (50/ab) prospect: BR(τ → µa) < 2.0× 10−5 ⇒ Fτµ ! 4.9× 107 GeV. (5.4)

The limit as a function of ALP mass is shown with the purple line in Fig. 1. In the absence

of MC analysis of Belle or Belle II reach for τ → ea, we estimate the Belle II sensitivity by

performing the naive rescaling of the ARGUS result with luminosity, which gives

Belle-II (50/ab) prospect: BR(τ → e a) < 8.3× 10−6 ⇒ Fτe ! 7.7× 107 GeV . (5.5)

Belle II may improve the ARGUS searches for τ → ea and τ → µa transitions beyond

mere increase in statistics. First of all, it could be interesting to explore the reach on

BR(τ → µa γ) and BR(τ → e a γ), especially since for muons µ → eaγ gives constraints

that are not that far from the two-body µ → ea decay (see [76] for similar comments in

the context of a light Z ′). Secondly, further improvements of τ → "ia searches may be

possible. A possibly interesting direction, while still using the tau “pseudo-rest frame”,

is to employ in addition variables that tag the tau polarization, such as the directions of

pions in two prong tau decays. If successful, this could allow to further suppress the SM

τ → "i νν̄ background, similarly to what was done for µ → ea decays in the experiment by

Jodidio et al. [9].
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https://www.sciencedirect.com/science/article/pii/S2405601417301505?via=ihub
https://www.sciencedirect.com/science/article/pii/S2405601417301505?via=ihub
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Figure 3: Upper limits of τ → µX at 90% C.L. depending on mass of
X.

charged pions for tag side events for well approximation
mentioned in section 4.1.

To improve this we select events which have a smaller
angle between τ and the hadronic system direction in
the tag side since this angle can be calculated from the
following formulae. On the tag side τ at the center-of-
mass frame,

pτ − ph = pν, (1)

where pτ, ph and pν are 4 momentum of τ, hadron sys-
tem and ντ. Squaring both sides,

(pτ − ph)2 = (pν)2, (2)

and they can represented by energy, 3 momentum and
mass (Eτ, Eh, −→pτ, −→ph and mν) as follows,

(Eτ − Eh)2 − |−→pτ − −→ph|2 = mν # 0. (3)

Although −→pν cannot be measured directly, |−→pν| is calcu-
lated from the first term of the left-hand side in (3) as
follows,

(Eτ − Eh)2 = (
1
2

mΥ(4S) −
√

m2
h + |−→ph|2)2 = |pν|2.(4)

This suggests |−→ph| and |−→pν| are observable values. Then
the angle between τ and the hadronic system (θτh) cal-
culated from the second term of the left-hand side in (3)
and (4) as follows,

|−→pτ − −→ph| = |−→pτ|2 + |−→ph|2 − 2|−→pτ||−→ph| cos θτh (5)

cos θτh =
|−→pτ|2 + |−→ph|2 − |−→pν|2

2|−→pτ||−→ph|
. (6)

This suggests that not only events including a heavy
hadronic system but also events with a light hadron such
as τ− → π−ν.

Our plan is to compare the statistics and sensitivity
with the previous method and new method with events
which have smaller θτh.

5. Summary

To explain the 3 − 4σ discrepancy in aexp
µ − aSM

µ of
the muon anomalous magnetic moment, light Z′ boson
with mass below 1 GeV in Lµ − Lτ model considering
neutrino trident production is suitable. To discover this
Z′ boson, we are searching for τ → lX decay with the
Belle 1 ab−1 sample.

We report MC study for estimation the sensitivities
and upper limits at 90% C.L. for mX = 0.1−1.6 GeV/c2.
The maximum of sensitivity is 2.12 at 1.6 GeV/c2 and
upper limits are lower than the previous result by a fac-
tor of 20.

A more precise approximation of the τ flight direction
is needed to improve sensitivity at low mass of X.
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Figure 1: Monte Carlo prediction for the muon momentum distribu-
tion from the decay τ → µνν, τ → µX with mX = 0.1 GeV/c2 (shad-
owed histogram) and τ → µX with mX = 1.4 GeV/c2 (hatched his-
togram) in the pseudo τ rest frame. For display purposes the branching
fractions of τ→ µX is set to B(τ→ µX)/B(τ→ µνν) " 0.005.

mass of X which is shown in shadowed and hatched his-
tograms in Fig. 1. On the other hand the lepton momen-
tum of three-body SM Michel decay has wide continu-
ous distribution.

To evaluate the lepton momentum, we need to know
the τ flight direction. This cannot be directly measured
by the Belle detector. However, we can well approxi-
mate the τ direction with events which decay into three
charged pions and one neutrino for tag side events since
a heavy hadronic system tends to fly at almost the same
direction as τ. Since the magnitude of τmomentum can
be calculated from the beam energy and τ pair produc-
tion is back-to-back in the CM frame, we are able to
know a ’pseudomomentum’ of the τ and the lepton mo-
mentum is Lorentz boosted to the ’pseudo τ rest frame.’

4. MC study

The sensitivity and upper limits of τ → µX signals
for integrated luminosity at Belle which was 1 ab−1 are
estimated with Monte Carlo samples as follows.

4.1. Event selection
At first we select the τ+τ− pair events. The selected

events are divided into two hemispheres along the thrust
axis in the CM frame; one hemisphere must contain
one charged track, which passes lepton identification,
which is called a signal side, and another must have
three charged tracks, which is called a tag side. This
selection applies for a 2M signal MC sample and a 45M
generic MC sample.

The ratio of signal side background and tag side
events is shown in Table 1.

Table 1: The ratio of signal side background and tag side events. Main
background on signal side is τ− → µ−νν and three charged tracks
events are mainly τ− → π−π+π−ν.

Signal-side BG ratio tag side events ratio
τ− → µ−νν 97.60% τ− → π−π+π−ν 88.60%
τ− → π−ν 1.84% τ− → K−π+π−ν 3.40%
τ− → π−π0ν 0.20% τ− → π−π+π−π0ν 2.87%
τ− → K−ν 0.19% τ− → π−π0ν 1.74%
τ− → K∗ν 0.06% τ− → K−π+K−ν 1.36%
τ− → π−π0π0ν 0.06% τ− → K∗ν 0.87%
other τ decay 0.05% other τ decay 1.16%
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Figure 2: Sensitivities of τ→ µX signal depending mass of X.

4.2. Expected sensitivity and upper limit

The region in ±3σwidth of the muon momentum dis-
tribution of τ → µX in pseudo τ rest frame fitted by
gaussian distribution is defined as a signal region for
0−1.6 GeV/c2 mass of X. The number of signal Nsig and
background NBG in this region corresponding to 1ab−1 is
estimated with signal MC and generic MC respectively
with same selection criteria mentioned above. With
these numbers we estimate sensitivity with Nsig/NBG
and upper limits at 90% C.L. for 0.1− 1.6 GeV/c2 mass
of X shown in Fig. 2 and Fig. 3 respectively. For calcula-
tion we suppose expected branching fraction of τ→ µX
is set to 5.0 × 10−3 × 1/

√
2000 since upper limit set by

ARGUS were almost 5.0 × 10−3 and Belle statistics are
about 2000 times larger than ARGUS one. From this
result the upper limit will be improved at least factor of
20 with Belle statistics.

4.3. Discussion

The signal sensitivities with lower mass of X are
lower than those with heavier than 1 GeV/c2 mass of X
since their distributions are broadly distributed as shown
in Fig. 1. It causes that the τ direction is approxi-
mated with the pseudo τ flight direction. We select three
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Simulation of S and B and limit that can be set using the Belle data set (1/ab):

Estimated by rescaling as 

ma ≈ 0 : 

√
L
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5.2 Future Searches at Belle-II

Belle and Belle-II. While Belle and Babar collected ≈ 2000 times larger datasets of

τ ’s than ARGUS, no experimental searches for τ → "ia were performed yet. However, a

recent simulation of the expected limit at the Belle experiment with integrated luminosity

of 1020 pb−1 was performed in Ref. [47], and obtained for a massless ALP

Belle (1/ab) prospect: BR(τ → µa) < 1.1× 10−4 ⇒ Fτµ ! 2.1× 107 GeV . (5.3)

Notice that this bound is almost exactly a factor of
√
2000 more stringent than the present

one from ARGUS, Eq. (5.2). Using the same simple rescaling with the luminosity gives for

the expected limit for a massless ALP at Belle II with 50 ab−1,

Belle-II (50/ab) prospect: BR(τ → µa) < 1.4× 10−5 ⇒ Fτµ ! 5.6× 107 GeV. (5.4)

The limit as a function of ALP mass is shown with the purple line in Fig. 1. In the absence

of MC analysis of Belle or Belle II reach for τ → ea, we estimate the Belle II sensitivity by

performing the naive rescaling of the ARGUS result with luminosity, which gives

Belle-II (50/ab) prospect: BR(τ → e a) < 8.4× 10−6 ⇒ Fτe ! 7.7× 107 GeV . (5.5)

Belle II may improve the ARGUS searches for τ → ea and τ → µa transitions beyond

mere increase in statistics. First of all, it could be interesting to explore the reach on

BR(τ → µa γ) and BR(τ → e a γ), especially since for muons µ → eaγ gives constraints

that are not that far from the two-body µ → ea decay (see [75] for similar comments in

the context of a light Z ′). Secondly, further improvements of τ → "ia searches may be

possible. A possibly interesting direction, while still using the tau “pseudo-rest frame”,

is to employ in addition variables that tag the tau polarization, such as the directions of

pions in two prong tau decays. If successful, this could allow to further suppress the SM

τ → "i νν̄ background, similarly to what was done for µ → ea decays in the experiment by

Jodidio et al. [9].

6 Bounds from Astrophysics and Cosmology

The bounds on ALP couplings from the astrophysical observations and from cosmology fall

into two categories, depending on whether the ALP is assumed to constitute the observed

DM relic abundance or not. In Section 6.1 we first discuss the constraints from stellar

cooling, which do not depend on whether or not ALP is the DM. In Sec. 6.2 we then

explore in which parts of the parameter space the LFV ALP could explain the observed

DM abundance.

6.1 Bounds from stellar cooling

The emission of light particles inside stars can alter stellar evolution to an extent that

is in conflict with observations. This leads to powerful constraints on the interactions of

such light particles with matter and radiation [76]. Our primary interest here are the ALP
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into a three prong hadronic mode. The direction of the τ momentum is then approximated

by the direction of the combined momentum of the three prong decay products. In the

center of mass of e+e− collision the tau energy equals the beam energy, while the two taus

are back to back. This gives enough constraints so that one can boost the leptonically

decaying tau to its, approximate “pseudo-rest frame”. The crucial property of this frame

is that the sensitivity on LFV two body tau decays into ALPs does not depend much on

the ALP mass (see [43] for further details).

For a massless ALP ARGUS obtained [43]

BR(τ → e a) < 2.7× 10−3 (95% C.L.) ⇒ Fτe ! 4.3× 106 GeV , (5.1)

BR(τ → µa) < 4.5× 10−3 (95% C.L.) ⇒ Fτµ ! 3.3× 106 GeV . (5.2)

The bound on BR(τ → µa) is less stringent than BR(τ → e a) at low masses while they

become comparable for higher masses. The final bound on the ALP decay constant from

BR(τ → ea) is shown in Fig. 1. The mass dependence of the bound is predominantly due

to the phase space suppression of the two-body decay for heavier ALPs.

5.2 Future Searches at Belle-II

Belle and Belle-II. While Belle and Babar collected ≈ 2000 times larger datasets of

τ ’s than ARGUS, no experimental searches for τ → "ia were performed yet. However, a

recent simulation of the expected limit at the Belle experiment with integrated luminosity

of 1020 fb−1 was performed in Ref. [48], and obtained for a massless ALP at 90% CL)

Belle (1/ab) prospect: BR(τ → µa) < 1.1× 10−4 ⇒ Fτµ ! 2.1× 107 GeV . (5.3)

Notice that this bound is almost exactly a factor of
√
2000 more stringent than the present

one from ARGUS, Eq. (5.2). Using the same simple rescaling with the luminosity, we

obtain for the expected 95% CL limit for a massless ALP for Belle II with 50 ab−1,

Belle-II (50/ab) prospect: BR(τ → µa) < 2.0× 10−5 ⇒ Fτµ ! 4.9× 107 GeV. (5.4)

The limit as a function of ALP mass is shown with the purple line in Fig. 1. In the absence

of MC analysis of Belle or Belle II reach for τ → ea, we estimate the Belle II sensitivity by

performing the naive rescaling of the ARGUS result with luminosity, which gives

Belle-II (50/ab) prospect: BR(τ → e a) < 8.3× 10−6 ⇒ Fτe ! 7.7× 107 GeV . (5.5)

Belle II may improve the ARGUS searches for τ → ea and τ → µa transitions beyond

mere increase in statistics. First of all, it could be interesting to explore the reach on

BR(τ → µa γ) and BR(τ → e a γ), especially since for muons µ → eaγ gives constraints

that are not that far from the two-body µ → ea decay (see [76] for similar comments in

the context of a light Z ′). Secondly, further improvements of τ → "ia searches may be

possible. A possibly interesting direction, while still using the tau “pseudo-rest frame”,

is to employ in addition variables that tag the tau polarization, such as the directions of

pions in two prong tau decays. If successful, this could allow to further suppress the SM

τ → "i νν̄ background, similarly to what was done for µ → ea decays in the experiment by

Jodidio et al. [9].
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Recent Belle-II simulation Belle II note '20

https://www.sciencedirect.com/science/article/pii/S2405601417301505?via=ihub
https://www.sciencedirect.com/science/article/pii/S2405601417301505?via=ihub
https://docs.belle2.org/record/2043/files/BELLE2-NOTE-PL-2020-018.pdf
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• In the standard seesaw setup, sizeable entries of the Yukawa matrix yN are only

compatible with the observed neutrino masses for an ultra-high seesaw scale. For

instance, let us consider the case where elements of the Yukawa matrix are all of

similar size, without any special structure, |(yN )ij | ∼ y (a hierarchical structure

would not qualitatively change the argument). The light neutrino masses are thus of

the size mν ∼ y2v2/MN , where v = 246 GeV is the electroweak symmetry breaking

scale. The effective scale suppressing the LFV !i → !jJ decays is then given by

F ∼ fN/C ∼ 16π2fN/y2 ∼ 16π2v2/mν ! 1016GeV. The standard set-up therefore

cannot be probed by the present nor any of the planned LFV experiments.

• In the low-scale seesaw setup, the neutrino masses are additionally suppressed, such

that large couplings in yN and a lower seesaw scale are compatible with the observed

light neutrino masses. Indeed, since the neutrino masses mν ∝ yNM−1
N yTN transform

non-trivially under the lepton number (in contrast to yNy†N ), it is possible that light

neutrino masses are parametrically suppressed in the presence of an approximate

generalized lepton number. Such scenarios, usually referred to as the “TeV scale

seesaw mechanism”, have been extensively studied in the literature [41, 129–137].

In the following we use the results of Ref. [41] to construct a concrete example of

a majoron model with parametrically suppressed neutrino masses (and thus with

enhanced majoron couplings to the SM leptons).

In the simplest low-energy seesaw model one considers two right-handed neutrinos N1,2

with a 2× 2 Dirac mass matrix, MN , and 3× 2 Dirac Yukawa couplings, yN ,
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=
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where λ ≡
√
2M/fN is a real free parameter. In the y#1 → 0 limit the model has a

global U(1) symmetry, MN → PMNP , yN → eiαyNP with P = diag{eiα, e−iα}. The

majoron couplings, which are proportional to yNy†N , are invariant under this symmetry,

while the neutrino masses are not, mν → e2iαmν . This means that the neutrino masses are

proportional to symmetry breaking parameters, y#1, which, if small, additionally suppress

the neutrino masses compared to the majoron couplings.

Working in a basis where the charged lepton matrix is diagonal, we can adjust the

input parameters, M and y#i, such that all neutrino observables (2 mass differences + 3

mixing angles) are at the central experimental values. This leaves two free parameters,

which we choose to be M , the mass scale of RH neutrinos, and the largest eigenvalue of

the Dirac Yukawa matrix, y = max
[
eig(yNy†N )

]
. Using the results of Ref. [41], we obtain

for the Normal Ordering (NO) in the seesaw limit,

yNy†N ≈ y2
m3
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A∗

iAj , where Ai = Ui3 + iUi2
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After imposing fit to neutrino obs., two free parameters: M,
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PMNS matrix, all of which are experimentally observable, while y ≈
(
Tr (yNy†N )

)1/2
is a

free parameter, only bounded by perturbativity, y ! 4. The result for Inverted Ordering

(IO) is obtained from (7.53) by replacing m3 → m2 =
(
− ∆m2

32

)1/2
,m2 → m1 =

(
−

∆m2
21 −∆m2

32

)1/2
and Ui3 → Ui2, Ui2 → Ui1.

For the numerical analysis we use the latest global neutrino oscillation fit results [154,

155], and set in Eq. (7.53) the mass differences, the mixing angles and the Dirac CP phase

in PMNS matrix to their central experimental values. This gives the 3×3 Hermitian matrix

yNy†N that still depends on y and one Majorana phases, αm. For simplicity, we set the

latter to zero, αm = 0. The effective suppression scales for the majoron couplings are in

the NO case given by (similar results are obtained for IO)

FA
ee =

1.1× 1010GeV

λy2

(
M

107GeV

)
, Fµe =

1.4× 1010GeV

λy2

(
M

107GeV

)
, (7.54)

Fτe =
1.6× 1010GeV

λy2

(
M

107GeV

)
, Fτµ =

0.71× 1010GeV

λy2

(
M

107GeV

)
, (7.55)

where for the flavor-violating cases we quote the bound on combined A, V effective scale,

as defined in Eq. (2.2). For completeness we also show the results for the flavor diagonal

couplings to muons and taus, although they are at the moment of little phenomenological

relevance,

FA
µµ = −2.7× 1011GeV

λy2

(
M

107GeV

)
, FA

ττ =
3.7× 1010GeV

λy2

(
M

107GeV

)
. (7.56)

The coupling to muons is comparatively suppressed due to an accidental cancellation be-

tween the two contributions to CA
µµ in Eq. (7.50).

The majoron also couples to nucleons via its couplings to quarks (7.49). These cou-

plings do not depend on PMNS elements and are given by

FN ≈ 0.88× 1010GeV

λy2

(
M

107GeV

)
. (7.57)

In Fig. 13, we summarize the current status and future prospect of the constraints on

the parameter space of the low-energy seesaw majoron model described above. Besides the

present and future bounds from LFV experiments and the astrophysical limits discussed in

Sec. 6.1 involving the coupling of the majoron to electrons, we display as a yellow-shaded

area the region excluded by SN1987A, according to the study of Ref. [156], due to the

nucleon-majoron coupling of Eq. (7.57).

We also show as a dashed blue line where the majoron lifetime equals the lifetime of

the universe. Anywhere to the left of this line, the majoron is a viable DM candidate. In

fact, there is no strong constraint from observations of the extragalactic background light,

since coupling of the majoron to photons are suppressed. The two representative lines

explained in Sec. 6.2 show where the misalignment mechanism accounts for the whole DM

abundance today with θ0 ∼ 1. Below these lines the majoron is a sub-component of the

total DM abundance unless new dynamical mechanism or a tuning of the initial condition
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Global U(1) symmetry in the limit



CLFV from short-lived ALPs
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Figure 4: Constraints on |s!µe| (lower panel), |s!τe| (upper left panel) and |s!τµ| (upper right
panel) as a function of the ALP mass derived from the experimental bounds listed in Table 1. We
consider a benchmark scenario where a!ii = 1 are the only flavor-conserving tree-level couplings,
while cγγ is induced at one-loop level, cf. Eq. (41). The other couplings are neglected in our
analysis.
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FIG. 2. Present experimental constraints on the effective ALP coupling to muons and electrons (ceµ) assuming universal
couplings c!!/f = 1/TeV (left panel) and c!!/f = 10−4/TeV (right panel). The parameter space for which ∆ae and ∆aµ can
be explained is shown in yellow and orange, respectively (see Sec. IV).
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FIG. 3. Present experimental constraints on the effective ALP couplings to muons and taus (left panel) and electrons and
taus (right panel), assuming c!!/f = 1/TeV. The parameter space for which ∆ae and ∆aµ can be explained is shown in yellow
and orange, respectively (see Sec. IV).

we have taken into account the macroscopic ALP decay
length, which implies that only a fraction of all decays
can be reconstructed in the detector [5]. Together with
the ma-dependence of the ALP lifetime governed by (6)
this explains the slopes of the relevant contours in Fig. 2
(see [15] for more details). Note also that in the presence
of a tree-level coupling cγγ != 0 constraints from a → γγ
decays would be strengthened, whereas the bounds de-
rived from µ → 3e decay would get weaker.

For ALP masses ma > mµ, the most important bound

follows from the search for µ → eγ by MEG [21]. The
right panel of Fig. 2 shows the corresponding bounds for a
much smaller value of the flavor-diagonal lepton coupling
c""/f = 10−4/TeV. While the µ → e+invisible constraint
remains largely unaffected, the remaining constraints get
relaxed by about a factor of 104 compared with the left
panel. In the intermediate mass range 2me < ma < mµ,
the reason is that the fraction of events reconstructed in
the detector scales (approximately) with τ−1

a ∝ (c""/f)2

[5]. For heavier masses ma > mµ the ALP lifetime is

cee/f = 1TeV
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Lorenzo Calibbi (Nankai)LFV into ALPs

Figure 2. Summary of the bounds and future projections for LFV ALPs. The color coding is the
same as in Fig 1. Left: We set Cµe = 1, while all the other couplings in Eq. (2.1) are set to zero.
For comparison we also show the bound on µ → ea from SN1987A derived in Sec. 6.1 even though
it is subdominant relative to the existing bounds from ground based experiments. Right: The only
nonzero coupling is Cτe = 1. The plot for Cτµ = 1 is similar, and is not displayed for brevity.

where for simplicity we neglected the mass of the final-state lepton. The differential decay

rate reads (in the same m!j = 0 limit)

dΓ(!i → !j a)

d cos θ
=

m3
!i

32πF 2
!i!j

(
1− m2

a

m2
!i

)2 [
1 + 2P!i cos θ

Re(CV
!i!j

CA∗
!i!j

)

|CV
!i!j

|2 + |CA
!i!j

|2

]
, (2.4)

where θ is the angle between the polarization vector, η̂, of the decaying lepton !i and the

momentum of the final state lepton !j , while P!i is the polarization of the decaying leptons.

The convention used for P!i is such that for the phenomenologically most important case of

µ+ → e+a decays we have P!i = η̂ · ẑ, where ẑ is the beam axis. The µ+ are predominantly

polarized antiparallel to the beam direction, thus P!i < 0 and θ is the angle between −ẑ

and the momentum of the positron, cf. Fig. 4 (left).

The total width of the ALP can be computed as a function of its mass by summing

the different partial decay widths

Γtot(ma) = Γ(a → γγ) +
∑

i,j=1,2

Γ(a → !i!j) +
∑

i,j=1,2,3

Γ(a → νiνj) . (2.5)

Since we restricted the ALP mass to ma < mτ , only the decays to photons, neutrinos,

electrons, and possibly muons are kinematically open. The corresponding partial decay

widths are

Γ(a → !i!j) =
ma

2π

[(
m!i −m!j

F V
ij

)2

+

(
m!i +m!j

FA
ij

)2]
√

1−
2(m2

!i
+m2

!j
)

m2
a

, (2.6)

Γ(a → γγ) =
α2
emE

2
eff

64π3

m3
a

f2
a
, (2.7)

that will be testable in future large scale structure surveys [48, 49].
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Figure 2. Summary of the bounds and future projections for LFV ALPs. The color coding is the
same as in Fig 1. Left: We set Cµe = 1, while all the other couplings in Eq. (2.1) are set to zero.
For comparison we also show the bound on µ → ea from SN1987A derived in Sec. 6.1 even though
it is subdominant relative to the existing bounds from ground based experiments. Right: The only
nonzero coupling is Cτe = 1. The plot for Cτµ = 1 is similar, and is not displayed for brevity.
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momentum of the final state lepton !j , while P!i is the polarization of the decaying leptons.

The convention used for P!i is such that for the phenomenologically most important case of

µ+ → e+a decays we have P!i = η̂ · ẑ, where ẑ is the beam axis. The µ+ are predominantly

polarized antiparallel to the beam direction, thus P!i < 0 and θ is the angle between −ẑ

and the momentum of the positron, cf. Fig. 4 (left).

The total width of the ALP can be computed as a function of its mass by summing

the different partial decay widths

Γtot(ma) = Γ(a → γγ) +
∑

i,j=1,2

Γ(a → !i!j) +
∑

i,j=1,2,3

Γ(a → νiνj) . (2.5)

Since we restricted the ALP mass to ma < mτ , only the decays to photons, neutrinos,

electrons, and possibly muons are kinematically open. The corresponding partial decay

widths are

Γ(a → !i!j) =
ma

2π

[(
m!i −m!j

F V
ij

)2

+

(
m!i +m!j

FA
ij

)2]
√

1−
2(m2

!i
+m2

!j
)

m2
a

, (2.6)

Γ(a → γγ) =
α2
emE

2
eff

64π3

m3
a

f2
a
, (2.7)

that will be testable in future large scale structure surveys [48, 49].
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Present best limits

Process BR Limit Decay constant Bound (GeV) Experiment

Star cooling – FA
ee 4.6× 109 WDs [44]

– FA
µµ 1.6× 106 SN1987Aµµ [45]

4× 10−3 Fµe 1.4× 108 SN1987Aµe (Sec. 6.1)

µ → e a 2.6× 10−6∗ Fµe (V orA) 4.8× 109 Jodidio at al. [9]

µ → e a 2.5× 10−6∗ Fµe (V +A) 4.9× 109 Jodidio et al. [9]

µ → e a 5.8× 10−5∗ Fµe (V −A) 1.0× 109 TWIST [10]

µ → e a γ 1.1× 10−9∗ Fµe 5.1× 108# Crystal Box [46]

τ → e a 2.7× 10−3∗∗ Fτe 4.3× 106 ARGUS [43]

τ → µa 4.5× 10−3∗∗ Fτµ 3.3× 106 ARGUS [43]

Expected future sensitivities

Process BR Sens. Decay constant Sens. (GeV) Experiment

µ → e a 1.3× 10−6∗ Fµe (V orA) 6.8× 109 MEGII-fwd"

µ → e a 1.3× 10−7∗ Fµe (V orA) 2.1× 1010 MEGII-fwd""

µ → e a 7.3× 10−8∗ Fµe (V orA) 2.9× 1010 Mu3e [42]

τ → e a 8.4× 10−6∗∗ Fτe 7.7× 107 Belle II

τ → µa 1.6× 10−5∗∗ Fτµ 5.6× 107 Belle II

Table 1. The present model independent 95% C.L. best bounds on leptonic ALP couplings FV,A
!!′ ,

Eq. (2.2), are given in the upper part of the Table, with future projections listed in the lower part.
The bounds assume ma below the mass resolution of the experiments considered here (see Fig. 1 for
modifications when ma is sizable). These follow from 90% C.L. (∗) and 95% C.L. (∗∗) bounds on
branching ratios in the 2nd column, rescaled using Poisson statistics when necessary. The MEGII-
fwd projections are obtained for two different sets of assumptions: MEGII-fwd" assumes δxe = 10−2

and 〈Pµ〉−1 = 10−2 with no focusing, while MEGII-fwd"" in contrast sets the focusing to F = 100,
roughly what was achieved in the 1986 experiment by Jodidio et al [9], cf. Sec. 3.2 for details. The
Belle II projection for τ → µa is rescaled from the Belle MC simulation in Ref. [47], while the one
for τ → ea is rescaled directly from the ARGUS result [43]. (#) The Crystal Box bound on Fµe can
vary between (5.1− 8.3)× 108 GeV depending on the assumed positron energy loss, cf. Eq. (4.9).

while the ALP decays to neutrinos are often suppressed, so that in the bulk of the paper we

set Γ(a → νiνj) = 0 (the majoron is an important exception, see Sec. 7.4). The coupling

to photons, Eeff , depends on the UV physics as well as on the IR derivative couplings of

ALP to the SM leptons running in the loop,

Eeff = EUV +
∑

f

CA
f B(τf ), B(τ) = τ arctan2

1√
τ − 1

− 1. (2.8)

Here, τf = 4m2
f/m

2
a− iε, and the summation is over the SM leptons, f = e, µ, τ . Note that

the loop function in (2.8) tends to B(∞) = 0 for heavy fermions, and thus the contributions
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